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1. Introduction

Semiconductor optical amplifiers (SOAs) are active semiconductor waveguides. The word active means
that the light propagating through the device interacts with the semiconductor media changing the prop-
erties of the light. There are different kinds of waveguide structures the active material can be embedded
in. For instance, ridge, v-grove and buried waveguides can be used and the buried waveguide can either
be index or gain guiding. Fig. 1.1 illustrates the buried index guiding SOA investigated in this thesis. To

current
Out

P ω( )
In

P ω( )

Figure 1.1.: Schematic view of an SOA; the active waveguide is a buried index-guided waveguide structure fabricated using
various epitaxy steps; the optical signal is injected at the front facet ħhωIn and exits the device at the rear facet ħhωOut; the active
region is pumped by a current in vertical direction being injected via metal contacts

propagate through the active waveguide the optical signal enters the device at the front facet and exits
the device at the rear facet. The active region is made of InGaAsP being surrounded by InP. Compared
to InP, InGaAsP has a larger refractive index and for this reason the active region is the core of the
waveguide. With the help of metal contacts on top and at the bottom of the device a current in verti-
cal direction pumps the active waveguide. To increase the pumping efficiency in the active region, the
current is confined in the horizontal direction by a p-n-p blocking layer.

SOAs are travelling-wave amplifiers and their designs are very similar to that of semiconductor lasers.
Therefore, the technical developments of SOAs and lasers are often closely related to each other (for
further details see Section 2.2 of [1]). For this reason, SOAs were also called semiconductor laser
amplifiers (SLAs). However, they are still very different in the sense that the facets of SOAs have anti-
reflective coatings while the facets of lasers are semi-reflecting thus generating a standing wave.

1.1. SOAs in Optical Communications

As the name implies, in the beginning SOAs were thought for amplification of optical signals. However,
with the invention of erbium doped fibre amplifiers (EDFAs) a competitor came into the market. Al-
though SOAs can be integrated, EDFAs are broadband amplifiers with a bandwidth of up to 100 nm, a
linear amplification characteristic and a low noise figure. Hence, EDFAs are always used for application
if no integrated solution is needed. For this reason, other applications for SOAs had to be taken into ac-
count. Due to the highly nonlinear active medium inside of SOAs, applications in the field of all-optical
signal processing are possible. E.g., wavelength conversion [2–4] or add-drop multiplexing [5–7] can be
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done all-optically with SOAs. In recent years it turned out that for long-haul communication, wavelength
division multiplexing (WDM) has a clear advantage over optical time-division multiplexing (OTDM) 1.
For this reason, the community became less interested in add-drop multiplexing while wavelength con-
version is still an important issue for WDM systems. Moreover, a trend towards optical packet switched
networks can be observed [9] where also signal regeneration [10–12] and logical operations [13–15] are
needed. However, these applications can also be done with electric signal processing where first the op-
tical signal is converted into electric domain and than processed before it is converted back into optical
domain. In the 1990s, the data rates of optical communication systems was limited by the speed of the
processing electronics so all-optical solutions proved superior to electric signal processing. Around the
turn of the millennium the speed of optical communication systems stagnated due to the dot-com bubble
while the speed of electronics still increased. As a result, nowadays the speed of electronics and optics is
about the same [16]. Now cost (production cost, power consumption and size) is the main issue driven
by the market where electric signal processing has clear advantages [17]. In order to make all-optical
signal processing with SOAs more attractive for the market, SOAs should have a feature reducing the
cost compared to electric signal processing. For instance, one feature would be simultaneous wavelength
conversion of multiple WDM channels, similar to the simultaneous amplification of WDM channels
with EDFAs being one of the few all-optical solutions that are applied in commercial optical communi-
cation systems. Since there have been some non-promising preliminary investigations of multichannel
operations with SOAs [18, 19], SOAs thus have very limited uses.

One of the uses is high-speed signal processing for future optical communication networks at data rates
above these of the processing electronics. Typically, the speed of bulk and multi-quantum well (MQW)-
SOAs is limited to approximately 20 Gbaud [20, 21]. To overcome this speed limitation, quantum dot
(QD)-SOAs were presented as the cure-all. But there are still problems in the fabrication and with the
properties of QD devices resulting in a slow developing progress [22]. Another novel SOA-based concept
for high-speed optical signal processing is to increase the length of bulk devices up to several millimetres.
Due to the length of these very long SOAs, the main part of the device is not amplifying the propagating
signals because the optical power saturates this region. However, in this section fast effects interact with
the signals providing the ability for high-speed optical signal processing [23]. These very long SOAs
are called ultralong semiconductor optical amplifiers (UL-SOAs) and its interesting properties will be
discussed in this thesis.

1.2. Review on SOA Modeling Approaches

For designing applications with SOAs, modelling SOAs is an important issue. A better physical knowl-
edge of the device can be obtained from modelling in order to predict optimised operation conditions
for applications. For this reason, some of the important modelling approaches of SOAs from the field of
optical communication are presented in this subsection.

In [24, 25] theoretical descriptions for modelling the gain and phase dynamics of SOAs are given.
Another important theoretical description is the wavelength dependent gain of the active region [26–28].
Most of the analytic and numeric SOA models used for optical communication simulations are based on
these descriptions.

In the beginning many theoretical investigations were analytical due to the limited computation ca-
pacity [29]. Compared to full numerical simulations, an advantage of analytic computations is a better
comprehension of the physical effects being the reason for a variety of applications. However, lots of sim-
plifications have to be made to the analytical computations as the theoretical description of [25] consists

1Although hero experiments with data rates in the Tb/s regime have been reported for OTDM-systems [8] the channel band-
width is e.g., limited by dispersion and polarisation mode dispersion. Moreover, the timing tolerances and the resulting
production cost for components of such systems are bigger than for similar WDM systems. Furthermore, another impor-
tant aspect for the breakthrough of WDM are EDFAs because they simultaneously amplify the whole C-band of a WDM
system.
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of a set of partial differential equations that cannot be calculated in a closed form, hence, not all effects
can be included in the computation. In full numerical models, the input signals are sampled with very
short time intervals so the differential equations can be transformed into recurrence relations. As a result,
the whole set of partial differential equations can be implemented. Thus full numerical models include
more physical effects making the simulations more realistic. Moreover, forward and backward propagat-
ing signals can be simulated with full numerical models being very important for the noise characteristic
of the device. Nowadays, almost all simulation models are full numerical models.

A very important aspect when modelling SOAs is the implementation of the gain. The material gain
of the active region is dependent on both wavelength and intensity of the input signal. If the input sig-
nal is a continuous wave (CW) signal, being constant over the time, the simulation model can be a full
frequency-domain model [27, 30]. In general, the signals in optical communications are time-dependent
(modulated signals) therefore posing the question how to manage the frequency dependent gain and the
time dependent data signal in the full numerical simulation model. Advantages of time-domain modelling
are the abilities to simulate pseudo random bit sequence (PRBS) signals and the inherent implementation
of dynamic nonlinear optical effects. On the other hand the implementation of the wavelength depen-
dent gain is more complicated than for frequency-domain models. A typical solution is to calculate the
signal’s centre frequency with the help of the Fourier-transformation before the signal enters the SOA.
Propagation can then be done in time-domain using the gain coefficient corresponding to the estimated
frequency [1, 31–33]. However, when investigating the propagation of short pulses or effects like four-
wave mixing (FWM), the spectra of the signals are broad and this modelling concept becomes inaccurate.
To reduce the inaccuracy caused by the neglect of the gain’s wavelength dependence, full time-domain
models have been presented where the field propagates in time-domain and the wavelength dependence of
the gain is included with the help of the finite-difference method [34–36]. However, the finite-difference
method has a rather complex computational effort being unacceptable for modelling UL-SOAs in optical
communication systems. For this reason, the full numerical simulation model used in this thesis is based
on a simpler approach. Again, the field propagates in time-domain but this time, adaptive finite impulse
response (FIR) filters implement the wavelength dependence of the gain [37–39].

1.3. Motivation for This Work

In the field of optical communications there are mainly three possible applications for UL-SOAs: all-
optical signal processing, pulse generation and coherent wavelength division multiplexing
(CoWDM) carrier source.

1.3.1. UL-SOAs for Wavelength Conversion With Signal Regeneration

In Sec. 1.1 it has been emphasised that all-optical high-speed signal processing is of interest in future
optical packet switched networks. E.g., all-optical high-speed wavelength conversion will be needed to
resolve blocking of coincident packets for the same output port of a network node [40]. There are
several possibilities how all-optical wavelength conversion (AOWC) can be done but only SOA-based
solutions provide the possibility for monolithic integration. In general, there are three mechanisms
in SOAs that can be used to convert the signal: FWM [5, 41], cross-gain modulation (XGM) [2] and
cross-phase modulation (XPM). A disadvantage when using FWM and XGM mechanism is the decreased
extinction ratio (ER) of the converted output signal compared to the input data signals. Since XPM results
from the index change caused by the gain change, XPM is small and can only be used for AOWC when
using phase controlled switches. E.g., Mach-Zehnder interferometers (MZIs) are such phase controlled
switches [3, 4]. In contrast to single path solutions, these MZIs are inherently narrowband and very
sensitive to data rates or wavelengths. For this reason, there have been several approaches to combine
single path regeneration concepts and single path AOWC [12, 42]. However, all these schemes are speed
limited to approximately 20 Gbaud and cannot be used for high-speed data signals. On the other hand,
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there are also possibilities for high-speed single path AOWC [43, 44] but these solutions decrease the
quality of the signal. Nevertheless, the demand for high-speed AOWC with signal regeneration has been
reported [45].

In [46], a promising novel single path concept for signal regeneration based on UL-SOAs was presented.
The scheme has the potential for 2R regeneration and since the regenerator mechanism is based on the fast
intraband effects, it should be suitable up to several hundred Gbaud. A first proof of concept for the high-
speed potential was presented with an 80 GHz sine modulated signal [47]. Combining this novel scheme
with single path wavelength conversion mechanisms could result in a high-speed all-optical wavelength
converter with 2R regeneration.

1.3.2. Supercontinuum Generation with UL-SOAs

Due to the fast intraband effects, UL-SOAs can generate at their output broad mode combs with a
narrow mode spacing. In optical communications these so called supercontinua can be used to generate
short pulses or they can be used as a CoWDM carrier source.

Pulse Source

Pulse sources are needed for all-optical signal processing in optical packet switched networks. In packet
switched networks, the components should be agile, in order to fulfil operations at different wavelengths
and different data rates [9]. In general, the Kerr effect in highly nonlinear fibres (HNLFs) is used to
generate a supercontinua [48] which in turn can be used to generate short pulses [49,50]. The Kerr effect
describes the depemdemce of the refractive index on the input signal’s optical power and therefore causes
self-phase modulation (SPM). The additional modulation in combination with a dispersion managing
component creates a broader spectrum so in time domain short pulses can be obtained. However, due
to the HNLFs, the source cannot be integrated. An alternative device that creates short pulses and can
be integrated is the mode-locked laser (MLL) but its possibilities for tuning the repetition rate or the
carrier frequency of the pulses are very limited because these properties are defined by the material and
the geometry [51]. Compared to the passively MLL, the monolithic fundamental actively MLL can be
tuned in the repetition rate of the pulses, but needs a complex electronic driving stage in order to achieve
high repetition rates [52]. Furthermore, when reaching with the pulse duration the terahertz regime
(0.6-6 THz) also non-telecommunication applications in the field of biomedical or imaging applications
are possible [53, 54].

Recently, the capability of UL-SOAs for pulse compression was presented in [55] raising hope that due
to their tremendous FWM efficiency UL-SOAs can generate short pulses from two CW input signals.
Compared to the previously discussed methods of generating short pulses, this scheme should be widely
tuneable and can be integrated.

CoWDM Carrier Source

Typical optical long-haul transmission systems use WDM to transmit multiple communication channels
over one fibre link. In order to further increase the transmission capacity, CoWDM has been proposed
[56]. In CoWDM systems, the phase of the WDM carriers is locked reducing interchannel crosstalk.
Recently, it has been demonstrated that CoWDM also improves the transmission capacity for phase
modulated signals [57].

The additional complexity of a CoWDM system compared to WDM system is due to the generation
of phase locked carrier signals. So far, a setup of cascaded Mach-Zehnder modulator (MZM) has been
used to create CoWDM carriers but only few carriers can be obtained [58]. To create more coherent
carriers, a MZM was driven as an I/Q modulator in a recirculating frequency shifter in order to create
single-sideband modulation of the circulating input mode [59]. A Disadvantage of this setup is that the
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modulation of both MZM arms has to be very precise in order to obtain a single-sideband modulation.
Also, due to the EDFAs, the scheme cannot be integrated.

Due to FWM, UL-SOAs can generate broad mode combs. These modes have an equidistant frequency
spacing and their phase relation is fixed. For this reason, UL-SOAs have the ability as a CoWDM carrier
source that can be monolithically integrated.

Recently, coherent optical orthogonal frequency division multiplexing (CO-OFDM) has been pre-
sented as a new concept for optical networks [60, 61] as well reducing the bandwidth of the transmitted
signal. For CO-OFDM a coherent carrier source is also needed providing a further possible application
of UL-SOAs.

This thesis is divided into three main parts. First, in Chap. 2 the fundamental theoretical background
for the optical properties of UL-SOAs is provided. Next, Chap. 3 describes the important nonlinear
optical effects that contributes to the reason for the various applications of UL-SOAs. Moreover, a
simulation model is presented to represent these effects. Finally, Chap. 4 and Chap. 5 present some
possible applications of UL-SOAs. Chap. 4 discusses the possibility of UL-SOAs for AOWC with 2R
regeneration and Chap. 5 deals with UL-SOAs as a pulse and CoWDM source.
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2. Optical Properties of UL-SOAs

One important property of semiconductors is the amplification and attenuation of light caused by the
transition of electrons between the bands, emitting or absorbing photons. When calculating the material
gain as a function of the wavelength, the energy levels of the carriers and their occupation probability
with carriers needs to be known.

In general, the SOAs used for optical communication are build of ternary and quaternary III-V semi-
conductor compounds. The atoms of the semiconductor are located in a periodic lattice structure so
the Bloch-equation can be applied to calculate the energy-levels of the carriers in a quantum-mechanical
way [62, 63]. As a result the band structure can be obtained as a function of the Brillouin-zone (Fig. 2.1).
Normally, the smallest band gap between the conduction and valence band (inset in Fig. 2.1) is of interest
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Figure 2.1.: Band structure for InAs where the energy levels are plotted over the wave vector �k ; c, hh, lh and s.o. are the
conduction band, valence band for light and heavy holes and the split-off band, respectively; L, Λ, Γ, Δ and X are important
symmetry points and lines in the lattice structure; the other variables are explained in Sec. 2.1

so the band structure can be reduced to a four-level system. If the semiconductor is neither strained nor
a voltage is applied the four-level system can be even reduced to a two-level system (conduction band
and heavy holes). The two-level system can be described with the help of the Schrödinger equation from
which the density matrix can be derived [64]. The density matrix can be transformed into an equation
where the gain is a function of the optical wavelength [65] making the description of the interaction
between the material and the light less complex compared to the quantum mechanical calculation.

2.1. Semiconductors Basics

In this subsection the gain calculation as a function of the carrier density distribution inside of a band
and the therefor needed semiconductor basics are presented.

When a transition of an electron between the valence and the conduction band takes place, the energy
and the momentum is conserved

ħhω = Egap+ E x h
c − E x h

v and �k x h
c +

�kħhω = �k
x h
v where

���kħhω��� ���k x h
c

��, ���k x h
v

��. (2.1)
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The superscript x h is either l h or h h and denotes whether the variable corresponds to a transition related
to light holes or heavy holes. For this reason, as illustrated in Fig. 2.1, only vertical transitions of carriers
are possible as long as phonon interactions are neglected. Moreover, the energy levels in each band are
directly related to a momentum. In bulk materials the dependence can be approximated with a parabolic
function

E x h
c =
ħh2���k��2
2 me

and E x h
v =−

ħh2���k��2
2 mx h

. (2.2)

The other variables are given in Sec. B.2. From Eq. 2.1 and 2.2 the energy-level of the carriers in each
band corresponding to a photon induced electron transition can be derived

E x h
c =

�
ħhω− Egap

� mx h

me +mx h
and E x h

v =
�

Egap− ħhω
� me

me +mx h
. (2.3)

The number of possible states of each energy-level that can be occupied with carriers is given by the
density of state. In bulk devices the dependence of the density of states on the energy is given by the
following equations:

Dc =
1

2π2

�
E x h

c

�2 me

ħh2

�3

and D x h
v =

1

2π2

�
−E x h

v

�2 mx h

ħh2

�3

(2.4)

Fig. 2.2 shows the density of states of the conduction band. The values of the variables, used for the
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Figure 2.2.: Density of states inside the conduction band as a function of the energy in the conduction band

calculations, are given in Sec. B.1 and Sec. B.2. In equilibrium, the probability of the carrier distribution
inside a band is given by the Fermi-Dirac distribution (Fig. 2.3)

fc =
1

exp
�

E x h
c +Egap−μc

kB T

�
+ 1

and fv =
1

exp
�

E x h
v −μv

kB T

�
+ 1

. (2.5)

The calculation of the quasi-fermi levels μc ,v is presented in Sec. B.2. When multiplying Eq. 2.5 and 2.4
the carrier density distribution of a band can be calculated (ρc =Dc fc and ρv = (D

h h
v +D l h

v ) fv , Fig. 2.4).
Furthermore, the overall number of carriers inside each band can be calculated when integrating over all
energy-levels:

N =

∞∫
0

ρc dE x h
c and P =

0∫
−∞
ρv dE x h

v . (2.6)
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Figure 2.3.: Fermi-Dirac distribution inside the conduction band for different carrier densities and temperatures; for the carrier
density variation T = 350K and for the temperature variation N = 2.251024 m-3
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Figure 2.4.: Carrier density distribution inside the conduction band for different carrier densities and temperatures; for the
carrier density variation T = 350K and for the temperature variation N = 2.251024 m-3

2.1.1. Interband Effects

In general, in active semiconductors it is distinguished between three main mechanisms for carrier tran-
sitions between the conduction and the valence band: stimulated emission, spontaneous emission and
absorption. For all three processes the band gap energy has to be less or equal than the interacting pho-
ton energy (Egap ≤ ħhω).
Stimulated Emission: When a photon propagates in a semiconductor medium and passes an electron be-
ing located in the conduction band at an energy level corresponding to the photon energy, with a certain
probability the photon can cause a transition of the electron from the conduction band to the valence
band. Due to the energy conservation a coherent photon is emitted co-propagating with the original
photon. From a macroscopic point of view optical signals are amplified in their intensity respectively
power.
Spontaneous Emission: With a certain probability a transition of an electron from the conduction band
to the valence band can take place without any external interaction. The effect is caused by the limited
time that an electron can exist in the conduction band (carrier lifetime). Since the transition is nondeter-
ministic and the photon is emitted at a random time, the effect is causing noise in active semiconductors.
Absorption: Depending on the occupation probability of carriers in the bands, a photon can be ab-
sorbed when propagating through the semiconductor media. As a result an electron is transferred from
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an energy level of the valence band into an energy level in the conduction band with an energy difference
corresponding to the photon energy. Another variant of absorption is the two-photon absorption (TPA)
where two photons are absorbed at the same time and the transition of an electron to an energy level
corresponding to the sum of the two photons

2 · ħhω = Egap+ E x h
c − E x h

v . (2.7)

Latter type of absorption is rare compared to former type. Macroscopically, optical signals are attenuated
due to absorption.

The material gain describes how stimulated emission and absorption affect optical signals. With the
help of the semiconductor basics (Sec. 2.1), the material gain of semiconductors can be calculated [26,66]:

g x h
mat(ω) =

⎧⎨⎩
2π2e2

ε0nGc0m2
0ω

��Mavg

��2 ·D x h
red

�
fc + fv − 1


if ω >ωgap

0 if ω ≤ωgap .
(2.8)

with D x h
red =

�
2

π2 ħh3

�
ħhω− Egap

�
me mx h

me+mx h

3/2
being the reduced density of states. The other parameters are

explained in Sec. B. g x h
mat(ω) represents the material gain due to transitions between the conduction and

the heavy hole band or the light hole band so x h is either l h or h h .
Eq. 2.8 only holds for strict momentum conservation of the carriers. However, also transitions with

slight momentum detuning take place because the energy-levels spread out due to temperature broadening
mechanisms. Therefore, even the gain energy-levels close by a certain energy-level contribute to the gain.
This mechanism can be included when convoluting the gain with a lineshape function

gmat(ω) =

∞∫
−∞

�
g h h

mat(ω
′)+ g l h

mat(ω
′)
�

L(ω−ω′)dω′. (2.9)

Typically, Lorentzian lineshape functions are used to approximate the mechanism but nowadays investi-
gations show that Sech-functions are more appropriate [26]

L(ω) =
τSHB

2
sech2

�
τSHB

ω

2π

�
. (2.10)

Fig. 2.5 shows the wavelength dependent material gain as a function of the carrier density and the tem-
perature. Another effect that has been considered for the calculation of the gain is band gap shrinkage
due to a variation of the carrier density or the temperature. As the carrier density or the temperature
increases the band gap energy decreases [67, 68]. The formulae for the band gap shrinkage are given in
Sec. B.2.

The shape of the material gain profile can be related to the probability of absorption and stimulated
emission. The gain profile can be divided into three regimes: For wavelengths above the band gap wave-
length, the material is transparent and the semiconductor can be regarded as a passive medium. Between
the band gap wavelength and the difference Fermi-level wavelength 1, the gain regime can be found. In
this regime the occupation probability for an electron in the conduction band is above the occupation
probability that there is an electron at the corresponding energy level in the valence band being given by
the Fermi-Dirac-distribution. Hence, more stimulated emission than absorption takes place so that light
is amplified in this wavelength regime. The last regime is the absorption regime for wavelengths below
the difference Fermi-level wavelength. In this regime more electrons are in the valence band than in the
conduction band. As a result absorption dominates compared to stimulated emission.

1wavelength at which the gain profile becomes negative
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Figure 2.5.: Wavelength dependent gain for different carrier densities and temperatures; the values for the variables used in the
calculation are given in Sec. B.1 and Sec. B.2; for the carrier density variation T = 350K and for the temperature variation
N = 2.251024 m-3

2.1.2. Intraband Effects

While in Sec. 2.1.1 the effects for transition between the conduction and valence bands were presented,
this section deals with the dynamics inside a band because of carrier transitions.

Fig. 2.6 shows the carrier dynamics inside the conduction band that take place after stimulated emis-
sion. In the beginning the semiconductor is in thermal equilibrium. As a photon causes stimulated
emission while propagating through the semiconductor, the carrier density depletes at the corresponding
energy level. Since at this energy level the carrier density is depleted the gain for the corresponding wave-
length is also reduced. This intraband effect is called spectral hole burning (SHB). In the second step, the
carrier density distribution relaxes due to carrier-carrier scattering to a fermi-distribution as for a higher
temperature. This intraband effect is called carrier heating (CH). Even if the local depletion of carriers is
compensated, Fig. 2.5 shows that the gain is reduced for an increased temperature. In the third step, the
carrier density distribution reorganises to a fermi-distribution corresponding to the lattice temperature
due to carrier-phonon scattering. Since only in the last step the missing carrier density due to the pump
current is injected the gain is still reduced after the third step. The relaxation mechanisms do not take
place sequently but due to the different time constants of each process (1: immediately, 2: ∼125 fs, 3:
∼750 fs and 4: ∼300 ps [20, 21]), the contributions of slower effects to faster relaxation mechanisms is
negligible.

A similar behavior of the carrier density distribution can be observed for an absorption process
(Fig. 2.7). Again starting with a semiconductor in thermal equilibrium, a photon is absorbed in the first
step. As a result at the corresponding energy level the carrier density is locally increased and compared
to the carrier dynamics due to stimulated emission the gain for the corresponding wavelength increases
(SHB). In the second step the carriers reorganise, due to carrier-carrier scattering to a fermi-distribution
as for a higher temperature (CH), resulting in a decreased gain. Again due to carrier-phonon scattering,
the carrier density distribution relaxes to a fermi-distribution corresponding to the lattice temperature.
Similar to the carrier dynamics due to stimulated emission, the additional carrier density due to the ab-
sorption in the beginning reduces to the original distribution due to stimulated or spontaneous emission
in the last step.

The development of the carrier dynamics can be indirectly observed when the power change of a
probe signal from a pump-probe measurement 2 is regarded. In Fig. 2.8 the different mechanisms can be

2Pump-probe measurement: A strong pulse (pump) and a weak CW signal (probe) enter a semiconductor. While the probe
signal has nearly no influence on the carriers, the strong pulse causes carrier depletion or enhancement. At the output of
the semiconductor the probe signal is regarded at an oscilloscope indicating the carrier dynamics inside the semiconductor
due to its power change
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Figure 2.6.: Carrier dynamics inside the conduction band after stimulated recombination (grey line: previous state); 1: spectral
hole burning due to stimulated recombination, 2: relaxation to fermi-distribution of the carrier temperature due to carrier-
carrier scattering, 3: relaxation to fermi-distribution of the lattice temperature due to carrier-phonon scattering and 4: relaxation
to fermi-distribution in equilibrium due to carrier injection

separated due to the different time constants because the contributions of slower effects are negligible to
faster effects that take place earlier in time. Moreover, when comparing the two pump-probe characteris-
tics for the gain regime all mechanisms are gain suppressing while in the absorption regime SHB and the
interband effects are gain enhancing and CH is still gain suppressing [69, 70].

Furthermore, other effects like TPA and free carrier absorption (FCA) contribute to the intraband
effects. Typically, the influence of FCA in the valence band is negligeable. Hence, FCA related transi-
tions are as follows: phonon-assisted intraconduction band absorption, phonon-assisted interconduction
band absorption and interconduction band absorption [69, 71]. For all of these transitions an electron is
transfered to a higher energy level increasing the carrier temperatures. For this reason, FCA contributes
to CH. Since the carrier temperature also increases due to TPA, TPA contributes to CH too.

2.1.3. Gain Dynamics

To calculate the gain dynamics of semiconductors (Fig. 2.8) a mathematical description is needed being
presented in this subsection.
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Figure 2.7.: Carrier dynamics inside the conduction band after absorption (grey line: previous state); 1: inverse spectral hole
burning due to absorption, 2: relaxation to fermi-distribution of the carrier temperature due to carrier-carrier scattering, 3:
relaxation to fermi-distribution of the lattice temperature due to carrier-phonon scattering and 4: relaxation to fermi-distribution
in equilibrium due to spontaneous emission

According to [73] the total gain of the semiconductor at the peak of the gain profile is

g (ωpeak) = gmat(ωpeak,T )+ gSHB = gCDP+ gCH+ gFCA+ gTPA+ gSHB. (2.11)

The contributions of the interband effects are represented with gCDP and the contribution of each intra-
band effect with gSHB, gCH, gFCA and gTPA.

Stimulated emission, spontaneous emission and absorption are interband effects affecting the carrier
density of a band. Due to the carrier lifetime τCDP the carrier density population is not instantaneously
in equilibrium if the pump current, the stimulated emission or the absorption changes. For this reason,
the interband dynamics are speed limited to the carrier lifetime. This so called carrier density pulsation
(CDP) can be described with a rate equation [72]

∂ N

∂ t
=

I

eV︸︷︷︸
pump
current

− N

τCDP︸ ︷︷ ︸
spon. emission

− vG g S︸ ︷︷ ︸
stim. emission
& absorption

+
ΓTPA

w d
vG�βTPAS2

︸ ︷︷ ︸
TPA

(2.12)

with S being the photon density, vG = c0/nG, g the total gain (Eq. 2.11) and τ−1
CDP = Anr + BspN +
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Figure 2.8.: Illustration of the carrier dynamics due to stimulated emission and absorption indicated by the gain of a probe signal
from pump probe measurements; the separation is possible due to the different time constants: τSHB ≈ 125 fs,τCH ≈ 750 fs and
τCDP ≈ 300ps; carrier density pulsation (CDP) represents the interband effects

CAugerN
2. Depending on the carrier density, the carrier lifetime has a value between 200 ps and 400 ps for

InGaAsP semiconductors around 1550 nm [20, 21]. Again, the other variables are explained in Tab. B.1
and Tab. B.2. To calculate the gain at the peak wavelength caused by the interband effects directly from
Eq. 2.12, Eq. 2.9 can be linearly approximated as a function of the carrier density

gCDP(N ) =
dg

dN
(N −Ntr) (2.13)

with dg
dN being the differential gain coefficient (Tab. B.2).

The intraband effects can also be described with a set of rate equations

∂ gCH

∂ t
=− gCH

τCH
− εCH

τCH
g S (2.14a)

∂ gFCA

∂ t
=− gFCA

τCH
− εFCA

τCH

dg

dN
N S (2.14b)

∂ gTPA

∂ t
=− gTPA

τCH
− εTPA

τCH

ΓTPA

w d
�βTPA S2 (2.14c)

∂ gSHB

∂ t
=− gSHB

τSHB
− εSHB

τSHB
g S −

�
∂ gCH

∂ t
+
∂ gFCA

∂ t
+
∂ gTPA

∂ t
+
∂ gCDP

∂ t

�
(2.14d)

These rate equations account for SHB, CH and the contributions of FCA and TPA to CH. For further
details of the rate equations’ derivation see Sec. C and for the description of the parameters see Tab. B.2.

2.1.4. Kramers-Kronig Relation

The Kramers-Kronig relation connects the real and the imaginary parts of complex response functions of
physical systems [74]. It is a special case of the Hilbert-transformation and a result of causality in physical
systems. In optics the real and the imaginary part of the susceptibility χ depend on each other. Since
the susceptibility is equivalent to the permittivity ε = ε0(1+χ ) which in turn is related to the complex
refractive index ε= n̄2, the real and the imaginary part of the complex refractive index

n̄(ω) = n(ω)+ i
g (ω)

k
(2.15)
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are also related to each other because of the Kramers-Kronig relation [75]

n(ω) = 1+
c0

π
	
∞∫
0

−g (Ω)

Ω2−ω2
dΩ (2.16)

where	 denotes the principal value of the integral. A detailed derivation of the Kramers-Kronig relation
for the example of the complex refractive index is given in [76]. The integral in Eq. 2.16 has to be
calculated over an infinite interval. Hence, the gain model also has to be precise at very high frequencies
even if the calculated refractive index is at a frequency close to the band gap. For this reason, in the
majority of cases the refractive index change Δn(ω) is calculated with a gain change Δg (ω) that can
be obtained from the gain model given in Eq. 2.9 [79, 80]. Fig. 2.9 shows the refractive index change
(Δn = n−nref) caused by the gain change calculated from Fig. 2.5 with nref being calculated for T = 300K
and N = 1.11024 m-3. The gain change is caused due to a change of the carrier density ΔN and a change
of the temperature ΔT .
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Figure 2.9.: Refractive index change caused by a gain change like in Fig. 2.5 due to a change of the carrier density ΔN a) and a
change of the temperature ΔT b); nref has been calculated for T = 300K and N = 1.11024 m-3; for the carrier density variation
T = 300K and for the temperature variation N = 1.11024 m-3

In order to provide causality a gain change causes a refractive index change. The ratio between both
changes is called α-factor [77, 78]

αCDP =
∂ Re(χ )
∂ N
∂ Im(χ )
∂ N

αCH =
∂ Re(χ )
∂ T
∂ Im(χ )
∂ T

αSHB,FCA =

∂ Re(χ )
∂ ρ

∂ Im(χ )
∂ ρ

. (2.17)

With the help of the Kramer-Kronig relation the α-factor can be calculated. The results are given in
Fig. 2.10 for ΔN and ΔT . The calculated results are in good agreement with the experimental data
in [78, 80].

Similar to Eq. 2.11 for the gain, an equation for the induced phase change due to the carrier dynamics
can be given

∂ φ

∂ z
=

1

2
Γ
�
αCDP

�
gCDP(N )− gCDP(Nun)

�
+αCH gCH+αTPA gTPA+αSHB gSHB+αFCA gFCA

� (2.18)

with Nun =
I

eV τCDP being the unsaturated carrier density that can be obtained from Eq. 2.12 in absence
of any stimulated emission or absorption.
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α-factors are calculated nearly same results are obtained

2.2. Optical Wave Propagation in UL-SOAs

All electromagnetic phenomena are described by the Maxwell equations

∇× �H = �J + ∂
∂ t

�
ε0
�E + �P

�
(2.19a)

∇× �E =− ∂
∂ t

�
μ0
�H + �M

�
(2.19b)

0=∇ · �μ0
�H + �M

�
(2.19c)

ρ=∇ · �ε0
�E + �P

�
(2.19d)

where �P , �E and �H are the electric polarisation, the electric and the magnetic field, respectively. Assuming
that there is no free charge (ρ = 0) and no magnetic polarisation ( �M = 0) in the semiconductor, the
Helmholtz equation can be derived with the help of the Ohmic law �J = σ �E [62]

∇2�E − σ

ε0c2
0

∂

∂ t
�E − 1

c2
0

∂ 2

∂ t 2
�E =

1

ε0 c2
0

∂ 2

∂ t 2
�P . (2.20)

The wave equation describes how the electric field and the electric polarisation interact. In this thesis, the
investigated nonlinear media are InP and InGaAsP being anisotropic. Hence, the electric polarisation and
the electric field are parallel. Furthermore, due to the short polarisation dephasing time (approximately
25 fs), the dependence of the electric polarisation on the electric field can be assumed to be instantaneous
[65, 81]. As a result the steady state approximation of the polarisation can be used

�P = ε0χ �E (2.21)

where the susceptibility couples the optical field and the electric polarisation. The susceptibility can be
decomposed into a term for the susceptibility in absence of any external influences χ0 and a term related
to the resonant nonlinearities due to electric pumping and the photon density χNL [82]

χ = χ0+χNL with χNL =
c0n

ω

∑
x

�
i −αx

�
gx (2.22)

where x is CDP, SHB, CH, FCA and TPA.
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For the propagation of the optical field inside the SOA an ideal travelling-wave amplifier is assumed
only guiding the fundamental mode and conserving the optical polarisation of the field. Hence, the
transverse field component Ψ(x , y) can be separated from the longitudinal field component E (z , t ) [83]

�E =
1

2
(Ψ(x , y)E (z , t )+ c .c .)�ep . (2.23)

Since the cladding of the waveguide is a passive material (χclad ≈ χ0,clad) and the core of the waveguide is
active (χcore = χ0,core+χNL,core) only a certain part of the transverse field component is affected by χNL.
For this reason, the mode confinement of the active region is defined:

Γ=

w∫
0

d∫
0
|Ψ(x , y)|2 dx dy

∞∫
−∞

∞∫
−∞
|Ψ(x , y)|2 dx dy

(2.24)

With the help of the mode confinement and the separation approach from Eq. 2.23, Eq. 2.20 can be
simplified to a 1D wave equation

∇2E (z , t )− σ

ε0c2
0

∂

∂ t
E (z , t )− n2

0,eff+ΓχNL,core

c2
0

∂ 2

∂ t 2
E (z , t ) = 0 (2.25)

with n0,eff being the effective refractive index related to the effective susceptibility χ0,eff of the waveguide.
This wave equation can be further simplified by assuming that the envelope of the propagating light varies
slowly in time and space compared to the wavelength of light

E (z , t ) =A(z , t )exp (i (ωt − k z)) (2.26)

with A(z , t ) being the slowly varying envelope and the wavenumber k = n0,eff
ω
c0

. Due to the slowly

varying envelope approximation, two constrains are inherently implied
�� ∂ 2

∂ t 2 A(z , t )
��� ��ω ∂

∂ t A(z , t )
�� and�� ∂ 2

∂ z2 A(z , t )
��� ��k ∂

∂ z A(z , t )
�� reducing Eq. 2.25 to a first-order wave equation

∂

∂ z
A(z , t )+

�
nG

c0
+
ΓχNL,core

n0,effc0
− i
αint

2ω

�
∂

∂ t
A(z , t ) =−1

2

�
iω

2n0,effc0
ΓχNL,core+αint

�
A(z , t ) (2.27)

with αint =
σ

c0ε0n0,eff
accounting for internal losses. Transforming Eq. 2.27 into frequency domain and us-

ing Eq. 2.22 the following simple propagation equation for the electric field inside UL-SOAs is obtained:

∂

∂ z
A(z ,ω) =

1

2

�
Γ
∑

x

�
gx + iαx

�−αint

�
A(z ,ω) (2.28)

Even if the propagation of an optical field is only related to the electric field, the magnetic field com-
ponent can be calculated with the help of the Faraday’s law of induction (Eq. 2.19b).

2.3. Chromatic Dispersion in UL-SOAs

Chromatic dispersion is the phenomenon in which the phase velocity of a wave depends on its wavelength
as a result of the refractive index’s wavelength dependence. Typical UL-SOAs are buried active single
mode waveguides. For this reason, mainly material dispersion and waveguide dispersion contribute to
the overall chromatic dispersion.
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The chromatic dispersion for the 8 mm-long UL-SOA from Sec. B.3 is calculated in this section.
The investigated active waveguide is a buried waveguide with a bulk In1-xGaxAsyP1-y active region with
λgap=1530 nm. Since the active layer is surrounded by InP, the molar fractions of the In1-xGaxAsyP1-y
layer have to fulfil the lattice matched condition (Eq. B.3). In order to obtain a band gap wavelength of
1530 nm, the molar fractions have to be y = 0.88 and x = 0.31. The width and the height of the active
region are 1.2 µm and 0.2 µm, respectively. Due to a lower refractive index the surrounding InP substrate
can be regarded as the cladding of the waveguide. The mode confinement of the active region is about 0.4
around 1550 nm.

2.3.1. Waveguide Dispersion
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Figure 2.11.: Waveguide dispersion and mode confinement for the TM and TE mode; the mode confinement factor of the
cladding can be calculated from the active region’s mode confinement (Γcladding = 1−Γ)

Fig. 2.11 shows the waveguide dispersion for the transverse magnetic (TM) and transverse electric (TE)
mode. The waveguide dispersion is calculated from the second derivation of the propagation constant
β= k n

D =− λ
c0

d2n

dλ2
=−2π c0

λ2

d2β

dω2
. (2.29)

β is obtained from the 1st order wave equation with perturbation approach [84]. To separate the wave-
guide dispersion from the material dispersion the refractive indices of the active layer and the cladding
are kept constant at the values of λ=1550 nm. In a wavelength range between 1.3 µm and 1.8 µm, the
waveguide dispersion of the TE mode increases by 10 % and for the TM mode by 25 % (Fig. 2.11). The
change of the waveguide dispersion is caused by the variation of the mode distribution with the wave-
length resulting in a variation of the mode confinement factors with the wavelength. Hence, the effective
refractive index also depends on the wavelength. Moreover, the mode confinement of the active region
is an important parameter for the dispersion as it is elaborated in Sec. 2.3.3. The mode confinement has
been calculated with the method presented in [85]. According to the solution of Eq. 2.28 the TE mode is
due to the higher mode confinement the preferred mode for nonlinear applications. For this reason, all
further investigations are done for the TE mode.

2.3.2. Material Dispersion

The material dispersion of each bulk material can also be calculated from the second derivation of its
refractive index that changes due to the material properties with the wavelength (Eq. 2.29). The refractive
indices for the two bulk materials, the waveguide is build of, are shown in Fig. 2.12a). In contrast with the
refractive index of the active InGaAsP material, the wavelength region of interest for the cladding material
is far away from its band gap. Hence, the Sellmeier equation can be used to calculate the dependence of
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Figure 2.12.: Refractive index a) and material dispersion b) for the two bulk materials, the buried active waveguide is build of;
the maximum of the active region’s refractive index and the maximum of the active region’s material dispersion are located at
the band gap wavelength (λgap=1530 nm)

the refractive index on the wavelength [86]. For the active InGaAsP material composition of y = 0.88 and
x = 0.31, no measurement or approximation of the refractive index around the band gap could be found
in literature. Since InGaAsP is a composition of binary materials and for these binaries, measurements of
the refractive index around the band gap are available, the Vegard’s rule is used to calculate the refractive
index of the active region [87]. For further details concerning the calculation of the refractive index of
In1-xGaxAsyP1-y, see Sec. D of the appendix.

Fig. 2.12b) shows the material dispersion of each bulk material calculated with the help of Eq. 2.29
from the corresponding refractive indices in Fig. 2.12a). Compared to the cladding layer, the dispersion
of the active region dominates in a range of 400 nm around the band gap wavelength.

2.3.3. Total Chromatic Dispersion

In a first approximation, mainly material and waveguide dispersion contribute to the overall chromatic
dispersion while effects like profile dispersion can be neglected since the considered waveguide is a single
mode waveguide with low refractive index contrast.

To determine the contribution of the material dispersion to the overall chromatic dispersion, the com-
posite material dispersion (CMD) is calculated with the help of the mode confinement from each material
dispersion. CMD weights the material dispersion of each bulk material used in the waveguide with its
mode confinement factor (Eq. 2.24):

DCMD = ΓDActive+ (1−Γ)DCladding (2.30)

Since Γ≈ (1−Γ) and |DActive| � |DCladding|, CMD is dominated by the contribution of the active region
in the wavelength range of 400 nm around the band gap (Fig. 2.13).

When calculating CMD for the investigated active waveguide and adding the simulation results of the
waveguide dispersion, an estimation of the overall chromatic dispersion can be obtained. The overall
chromatic dispersion (DTotal) can also be calculated, when the wavelength dependence of the refractive
index due to the material properties is included to the calculation of the waveguide dispersion (1st order
wave equation with perturbation approach). The difference between the estimated and the overall chro-
matic dispersion can be ascribed to the residual dispersion including effects like profile dispersion [88].

2.3.4. Dependence on Carrier Density and Temperature

The dependence of the carrier density in the active region and the lattice temperature on the chromatic
dispersion is calculated with the help of the Kramers-Kronig relation. As mentioned in Sec. 2.1.4, because
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Figure 2.13.: Composite material dispersion (CMD) and waveguide dispersion for the investigated bulk active region waveguide;
the sum of both approximates the overall chromatic dispersion (DTotal); the maxima of the CMD and the total dispersion are
located at the band gap wavelength (λgap=1530 nm)

of the demands on the gain model, the change of the material dispersion due to a carrier density or
temperature change is calculated. Since, the derivation in Eq. 2.29 is a linear operation, the change of
the material dispersion can be directly calculated from the change of the refractive index that has been
calculated in Fig. 2.9. Because CMD is dominated by the contribution of the active region (DCMD ≈
ΓDActive), only the change of the material dispersion for the active region is calculated. Assuming that
the total dispersion in Fig. 2.13 is estimated for 300 K and a carrier density around the transparency
(approximately 1.1 1024 m-3), the dispersion as a function of the carrier density and the temperature can
be approximated with:

D(300K+ΔT , 1.11024 m-3+ΔN )≈DActive+ΔΓΔDMaterial(ΔT ,ΔN )+DWaveguide(ΔT ,ΔN ) (2.31)

Fig. 2.14 shows the change of the active region’s material dispersion due to ΔN and ΔT . Both figures
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Figure 2.14.: Change of the material dispersion of the active region due toΔN a) andΔT b); Nref = 1.1 1024 m-3 and Tref = 300 K

can be divided into two regimes where the change of the dispersion is due to different reasons. For
wavelengths smaller than 1.5 µm, the change of the dispersion can be related to the dependence of the
gain peak on ΔN and ΔT . For wavelengths larger than 1.5 µm, the change of the dispersion is due to
band gap shrinkage and the lineshape function. Moreover, this dispersion change strongly depends on the
kind of lineshape function used for the gain model. For the calculations,ΔN andΔT are chosen to cover
the operation range of UL-SOAs. Due to a smaller gain change with ΔT than with ΔN , the dependence
of the temperature on the material dispersion is also smaller than on the carrier density. Furthermore,
the material dispersion over the total wavelength range (integral of the curve) increases with increasing
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carrier density and decreases with increasing temperature which can be related to a similar gain behaviour
where the gain peak increases for increasing ΔN and decreases for increasing ΔT . Similar to the shift of
the gain peak with a carrier density change, the shift of the material dispersion with a changing carrier
density can also be observed. The shift of the gain peak as well as the shift of the material dispersion are
over a similar wavelength difference for the same carrier density change.

To calculate the influence of the carrier density and the temperature on the waveguide dispersion,
according to [80] the refractive indices have been changed in the simulation. For the carrier density
dependence only the refractive index of the active region has been adjusted while for the lattice tem-
perature dependence the refractive index of the cladding has also been adjusted. Although Δnactive(N +
1.21024 m−3) ≈ Δnactive(T + 50K), the change of the waveguide dispersion is smaller for ΔT than for
ΔN (Fig. 2.15 a)) because the refractive index contrast remains nearly unchanged for ΔT while for ΔN
the refractive index contrast increases. Even though the dependence of the temperature and the carrier
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Figure 2.15.: Change of the waveguide dispersion a) and the change of active region’s mode confinement b) due toΔN and ΔT ;
with increasing carrier density only the refractive index of the active region decreases while for an increasing temperature, the
refractive index in all waveguide regions increases; Nref = 1.1 1024 m-3 and Tref = 300 K

density for the waveguide dispersion is negligible compared to the change of the material dispersion,
the changing refractive index contrast affects the mode distribution inside the waveguide. As a result the
mode confinement changes which in turn influences the CMD. Fig. 2.15 b) shows the change of the mode
confinement of the active region due to ΔN and ΔT .

2.3.5. Consequences for Applications

Chromatic dispersion is an important effect when investigating the propagation of short pulses and effi-
cient FWM generation. Due to the different propagation velocities of the wavelengths, pulses blur and
the phase walk-off of the FWM seed modes reduces the creation of FWM products.

To estimate the influence on the pulse propagation, a typical rule of thumb for telecommunication
applications is the dispersion length. The dispersion length is the length of propagation up to which a
gaussian pulses broadens to twice of its original pulsewidth

LD =
2π c0

λ2

τ2
0

|D | (2.32)

where τ0 is half of the pulsewidth. For the 8 mm-long UL-SOA (Sec. B.3), the dispersion length becomes
longer than 8 mm for pulsewidth shorter than 1.1 ps. Hence, baud rate of approximately 1 T sample/s could
be used for transmitting data without intra-channel crosstalk.
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For efficient FWM, the phase-matching condition of the two seed signals has to be fulfilled [89]

c0 |D |
Ω2

ω2
center

L� 1 (2.33)

where L is the waveguide length and Ω the frequency detuning of the seed signals. Assuming that 0.1 is
the limit for being much less than 1, a value for the input signals’ detuning of 250 GHz around a input
wavelength of 1550 nm can be appraised for the same device.
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3. Nonlinear Optics in UL-SOAs

When considering the propagation of light inside an UL-SOA, it is important to note that UL-SOAs are
nonlinear devices. In linear optics, only the photons are influenced by the medium of the device they
are propagating in. However, in nonlinear optics, the material is also affected by the photons and this
feedback is what causes the nonlinear properties of the UL-SOAs.

3.1. Time-Domain Modelling of UL-SOAs

In Sec. 2.1.3 and Sec. 2.1.4, it has been presented that the gain and phase dynamics are important effects
in active semiconductors that provide several applications with UL-SOAs. In Sec. 2.3.5, it has been
demonstrated, that chromatic dispersion does not seem to be relevant for applications being presented in
Chap. 4 and Chap. 5. For this reason, chromatic dispersion is not implemented in the model. The model
presented in this section is implemented in such a way that it accounts for the gain and phase dynamics
and represents their influences on the optical signals precisely. Moreover, the carrier density inside the
UL-SOA varies over a broad range also being an important aspect when modelling UL-SOAs. For this
reason, the gain model used for the simulation also needs to account for carrier density variation.

3.1.1. Modelling Concept

The UL-SOA is divided into segments with the length corresponding to the sampling interval of the input
signals Δt = Δz/vG. In these tiny segments the properties of the semiconductor material are assumed
to be spatially independent. The flowchart in Fig. 3.1 illustrates the interaction between the electric field
and the semiconductor material. To include fibre coupling loss Lcoup at the facets, the optical signal is
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Figure 3.1.: Schematic description of the modelling concept; the SOA is divided into longitudinal segments corresponding
to the sampling time of the input signal; the signal E propagates trough the SOA and interacts at each segment with the
nonlinear medium represented by the carrier density N , the gain g and the spontaneous emission ESE , the index x, y denotes
the polarisation axis and the superscript ± denotes the forward and backward travelling field, respectively

attenuated before it enters the first segment and after exiting the last segment.
When using time-domain modelling, the calculation of the wavelength dependent gain is complicated

because the frequency components of the signals are unknown. The problem can be solved with adaptive
FIR filters modelling the wavelength dependent gain in each segment of the UL-SOA [37,38]. To update
the carrier density and the gain suppressions of each SOA segment after each propagation step, the rate
equations Eq. 2.12 and Eqs. 2.14 are used. For this reason, the gain of the signal’s wavelength correspond-
ing to the sampling point in the SOA segment is needed. Since the wavelength of the signal wavelength is
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unknown when using the FIR concept, the gain corresponding to the wavelength is calculated with the
solution of the Eq. 2.28

g
�

z +
Δz

2


=

ln

�
S+x ,y (z+Δz ,t+Δt )

S+x ,y (z ,t )

�
Δz +αint

Γ
+

ln

�
S−x ,y (z ,t )

S−x ,y (z+Δz ,t−Δt )

�
Δz +αint

Γ
(3.1)

where the index x , y denotes the polarisation axis and the superscript± denotes the forward and backward
travelling field. The photon density between two segment is calculated

S(z , t ) =
1

�
����E+x (z , t )

���2+ ���E−x (z , t )
���2+ ���E+y (z , t )

���2+ ���E−y (z , t )
���2� (3.2)

with �= ħhω w ·d
Γ vG being the conversion factor between the photon density and the optical power.

To avoid under sampling of the signals, difference signals are used for the propagation in the UL-SOA
(Δω =ω−ω0 with ω0 being the reference frequency). The best approximation of the FIR filters to the
gain model will be around the reference frequency. The FIR filters will be of first order so the propagation
equation for the signals can be written as 1:

E±x ,y(z ±Δz , t +Δt ) =
�

c1

�
z± Δz

2
, t


E±x ,y(z , t )+ c2

�
z± Δz

2
, t


·E±x ,y (z , t −Δt )exp (−iω0Δt )
�

exp (iΔφ)+ E±SE x ,y

�
z ± Δz

2
, t


(3.3)

E±SE x ,y is the contribution of the spontaneous emission (SE) of each SOA segment to the propagating
field [39, 90]:

E±SE x ,y

�
z ± Δz

2
, t

=

�
ħhωΓ gpeak nsp

Δz

Δt

x1+ i x2�
2

(3.4)

with x1 and x2 being numerically generated independently and uniformly distributed in frequency-
domain (white noise) with a standard normal distributed probability. nsp is the spontaneous emission
rate

nsp =

�
1− exp

�
− ħh Cω

�
N −Ntr

�
kB T

��−1

(3.5)

with Cω being the peak frequency shift coefficient (Tab. B.2).
The noise source in this model is a white noise source getting the spectral shape of ASE due to the

convolution with the material gain of each SOA segment when propagating with the signal through the
UL-SOA.

To model with the FIR filter approach an UL-SOA, the filter coefficients have to be set in order to
represent the wavelength dependent gain with the spectral shape of the FIR filter. Since the properties of
the UL-SOA vary, which can be implemented with Eq. 2.12, Eqs. 2.14 and Eq. 2.18, the filter coefficients
have to be adapted in each segment. The calculation for the filter coefficients is presented in Sec. E. In
order to reduce the calculation complexity of the UL-SOA model, the adaption of the filter coefficients
should be as simple as possible. Moreover, a closed solution is preferred so the gain model in Sec. 2.1
cannot be used. Instead in the following section a simpler gain model is presented based on a polynomial
fit.

1It is convenient that the propagating field is a pseudo-electric field which can be directly related to the optical power |E |2 = P
[25, 33, 38].
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3.1.2. Spectral Gain Approximation

In [38] the wavelength dependent gain is fitted to a parabolic gain model which is only accurate for high
carrier densities around the gain peak. Since in short SOAs the carrier density is nearly constant and the
input signals enter the SOA around the gain peak wavelength, the parabolic gain approximation can be
used. In UL-SOAs the carrier density is high in the amplifying section and low in the saturated section
resulting in a shift of the gain peak by approximately 30 nm. Hence, the parabolic gain approximation
cannot be used. A cubic parametrisation was given in [28] accurately describing the material gain over
a broad bandwidth for various carrier densities. Unfortunately, this model does not properly represent
the gain spectrum for carrier densities close to the material transparency. Fig. 3.2 shows that there is still
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Figure 3.2.: Spectrum of the linear material gain as a function of the wavelength for different carrier densities according to
Tab. B.2; dotted lines: parabolic gain approximation [38], dashed lines: cubic gain approximation [28], solid lines: advanced
cubic gain approximation; the cubic gain approximation [28] is greater than 0 for N =Ntr around λpeak

positive gain around λgap for the transparency carrier density Ntr which can be a problem for modelling
UL-SOAs since most of the device is saturated. Since except for this problem, the cubic gain model
matches very well with measurements of the material gain of InGaAsP semiconductors with λgap of
approximately of 1550 nm [28], only two additional boundary conditions are defined in order to resolve
this problem:

gcub(ωgap,Ntr)� 0 and
d gcub(Ntr)

dω

����
ω<ωgap

≈ 0 (3.6)

These two boundary conditions can be included to the model when creating two additional degrees of
freedom by extending the cubic gain model from [28] with two further parameters. The advanced cubic
gain model is

gcub(ω) =

⎧⎨⎩ 3 gpeak 2

�
ω−ωz

ωz−ωpeak 2

2
+ 2 gpeak 3

�
ω−ωz

ωz−ωpeak 3

3
if ω >ωz

0 if ω ≤ωz

(3.7)

with

gpeak 2 =
dg

dN

�
N −Ntr

�
+ ā

dg

dN
Ntr exp

�
− N

Ntr

�
(3.8a)

gpeak 3 =
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dN

�
N −Ntr

�
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dN
Ntr exp

�
− N

Ntr

�
(3.8b)

ωpeak 2 =ωgap+Cω
�
N −Ntr

�
+ b̄ωshift exp

�
− N

Ntr

�
(3.8c)
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ωpeak 3 =ωgap+Cω
�
N −Ntr

�
+ωshift exp

�
− N

Ntr

�
(3.8d)

ωz =ωz0+ z0
�
N −Ntr

�
(3.8e)

The explanations of the variables are given in Tab. B.2. For a better understanding Fig. 3.3 illustrates that
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Figure 3.3.: Schematic description of the material gain model constructed by a quadratic and a cubic polynomial term; the gain
starts to be zero for λ> λz > λgap because of the spectral lineshape function caused by the carrier relaxation time

the gain model consists of a parabolic and a cubic polynomial term. The idea behind the modifications of
the advanced cubic gain model is to make sure that the cubic part of the polynomial in Eq. 3.7 dominates
for low carrier densities. Therefore, the exponential terms in Eq. 3.8a and Eq. 3.8c that dominate for low
N are weighted with ā < 1 and b̄ < 1. For N � Ntr the exponential terms of Eqs. 3.8 vanish and the
cubic gain model from [28] and the gain model presented here become equal. As a result, the advanced
cubic gain model represents the material gain over a broad bandwidth for N ≥Ntr accurately, even at low
carrier densities (Fig. 3.2).

How to implement the gain model in the FIR filter simulation model from Sec. 3.1.1 is presented in
Sec. E of the appendix.

3.2. Properties of UL-SOAs

The purpose of UL-SOAs is to benefit from the semiconductor’s fast nonlinear intraband effects while
slow interband effects should be suppressed as far as possible, in order to avoid bit pattern effects in
applications.

When driving an UL-SOA in the gain regime, the optical input signal is amplified. Eq. 2.12 implies
that with increasing photon density, the carrier density is reduced due to stimulated emission. For this
reason, the main part of UL-SOAs is saturated by the amplified signals and the amplified spontaneous
emission (ASE) noise after a certain length. Hence, UL-SOAs can be regarded as being divided into an
amplifying section and a saturated section (blue line in Fig 3.4). For bulk SOAs with typical dimensions
the transition between these sections takes place after approximately 1 mm of propagation. If no input
signals enter the UL-SOA, the carrier density peaks shifts to the middle of the device because of equal
optical power of the forward and backward travelling ASE (red line in Fig 3.4). The amplifying section
has the same properties as a short SOA and the saturated section can be regarded as another device with
different properties. Because of the high optical power after the amplifying section, the carrier density in
the saturated section is fixed to the net transparency level Nsat. From the propagation equation (Eq. 2.28)
the net transparency level can be obtained as a result of the equilibrium between modal gain and losses

0
!=Γgsat−αint ≈ Γ

dg

dN

�
Nsat−Ntr

�−αint. (3.9)
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Figure 3.4.: Simulated carrier density of the 8 mm-long UL-SOA (Sec. B.3) along the propagation-direction; due to two co-
polarised CW input signals (8.5 dBm at 1555 nm and 8.5 dBm at 1560 nm) the carrier density peak is shifted towards the UL-
SOA’s front; (Ntr = material transparency level, Nsat = net transparency level, Nun = unsaturated level)

Since the amount of the gCDP is much bigger than the contribution to the gain due to the fast intraband
effects (as it will be demonstrated in Sec. 3.3.2 Fig. 3.6a)), the approximation in Eq. 3.9 can be made for
some analytic estimations (Sec. 3.4 and Sec. F).

If the signal levels change much faster than the carrier lifetime, the carrier density in the amplifying
section is only dependent on the average optical power. If the signal remains at one of the states longer
than the carrier lifetime, the length and the gain of the amplifying section changes as it is indicated in
Fig. 3.4. As a result bit pattern effects occur in applications. For high data rates with fast changing
signal states, the performance is not limited by the slow interband effects. Only the fast nonlinear
intraband effects affect the signals in the saturated section. Their response time is about 1000-times
shorter compared to the slow interband effects, but their impact is also weaker. For this reason, UL-
SOAs have lengths of several millimetres.

3.3. Nonlinear Optics in UL-SOAs

Due to the nonlinear optical effects in semiconductors a huge variety of all-optical signal processing
applications are possible. This section presents the most important nonlinear optical effects needed for
this thesis.

The nonlinear optical effects in UL-SOAs are caused by the variation in the intensities of the propagat-
ing signals. If there are multiple signals propagating inside the UL-SOA, the optical polarisation becomes
important because beating signals cause further variations in the intensity. The photon density for two
parallel polarised CW signals 2 at a fixed spatial position can be written as

S =
1

�
���Epump exp

�
iωpump t

�
+ Eprobe exp

�
iωprobe t

����2
= Spump+ Sprobe︸ ︷︷ ︸

static

+
1

�
�

EpumpE∗probe exp (iΩt )+ c .c .


︸ ︷︷ ︸
dynamic

(3.10)

with Ω=ωpump−ωprobe being the difference frequency of the CW signals. Hence, the nonlinear optical
effects can be separated into two groups: static and dynamic effects (Eq. 3.10). To enable the dynamic
effects the polarisation of the signals has to be parallel.

2According to Sec. 2.1.2, the stronger CW signal is named pump and the weaker CW signal is the probe.
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3.3.1. Static Effects

Since the applications in Chap. 4 and Chap. 5 are mainly due to the dynamic effects, the static effects are
only briefly presented in this subsection.

There are two main kinds of static effects: effects that are caused by the signal that is affected (self-
gain modulation (SGM) and SPM) and effects that are caused by other signals than they are affecting
(XGM and XPM). Both categories of static effects are caused due to the dependence of the interband
and intraband effects on the photon density. As a result, the gain and the refractive index of the active
semiconductor is directly modulated by the amplitude of the signals (Eq. 2.12, Eqs. 2.14 and Eq. 2.17).

With increasing photon density, the slow interband effects as well as the fast intraband effects are gain
suppressing (Eq. 2.12 and Eqs. 2.14). The transfer characteristic (Fig. 3.5) of an UL-SOA is nonlinear so
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Figure 3.5.: Transfer characteristic (|Eout|2 over |Ein|2) of an UL-SOA for a single input signal; due to the gain suppressing
mechanisms, the optical output power saturates with increasing optical input power

because of SGM e.g., noise compression of a data signal’s ”1”-level is possible [91, 92]. With the help of
XGM another signal can be intensity modulated so e.g., AOWC can be obtained with SOAs [2, 93].

In Sec. 2.1.4, it has been presented that in active semiconductors a gain change always affects the phase
of propagating signals. With these phase modulations also all-optical signal processing is possible. For
instance an application of SPM is chirp compensation [94] and due to XPM wavelength conversion can
be achieved [2, 43].

3.3.2. Dynamic Effects

In addition to the static effects, multiple co-polarised signals create dynamic index and gain gratings
in the UL-SOA’s saturated section due to the signals’ beating (Fig. 3.6). These dynamic gratings are
also caused by the dependence of the interband and intraband effects on the photon density. At these
dynamic gratings, the signals interact and cause dynamic effects like FWM and a Bogatov-like effect.
Due to the high signals’ power in the saturated section and the short relaxation times of the intraband
effects, the dynamic effects can take place over several nanometres. Since there are three main gain and
index mechanism (CDP, CH and SHB) and each mechanism has another relaxation time constant, their
contribution to the dynamic effects hold for different bandwidths of the detuning frequency [89].

Four-Wave Mixing

FWM is a dynamic nonlinear optical effect that creates new sidebands in the spectrum because of the
beating signal. In time-domain, the dynamic gratings cause an amplitude and phase modulation thus
creating, in frequency-domain, new spectral components with a wavelength spacing corresponding to the
beating frequency. These new spectral components are called FWM products.

In order to make the name of this nonlinear optical effect more clear and to give a better understanding
for some definitions related to FWM, the electric polarisation has to be investigated more in detail.
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Figure 3.6.: Dynamic gain grating a) and dynamic index grating b) inside the 8 mm-long UL-SOA (Sec. B.3) along the propagation
direction due to the beating of the same two co-polarised CW signals from Fig. 3.4; the pulsation frequency is the difference
frequency of the two input signals

Equating the susceptibility in Eq.2.21 with Eq. 2.22, the electric polarisation can be separated into a
background polarisation �P0 and a term for the resonant nonlinearities �PNL. Developing χNL with the
Taylor approximation 3 [95] and neglecting the even order terms due to the inversion symmetry of the
semiconductor lattice, the nonlinear electric polarisation up to a tensor order of three is

�PNL,n = ε0
�
χ 1

n · �En +
∑
i , j ,k

χ 3
n,i , j ,k(ωn :ωi ,−ω j ,ωk)�Ei

�E∗j �Ek


. (3.11)

The name FWM is due to the 3rd order susceptibility where up to four signals are involved. The
frequency and the phase of the new FWM product can be calculated with

ωn =ωi −ω j +ωk and φn =φi −φ j +φk . (3.12)

To obtain a high efficiency of the FWM process, the phase matching condition has to be fulfilled

Δk = ki − kj + kk − kn
!= 0 (3.13)

from which Eq. 2.33 can be obtained. In Sec. 2.3.5 it has been demonstrated that the phase walk-off
caused by chromatic dispersion is negligible for the investigated 8 mm-long UL-SOA (Sec. B.3). For this
reason, chromatic dispersion has not been implemented in the simulation model so the phase matching
condition (Eq. 3.13) is always fulfilled for the simulations.

Typically, it is distinguished between non-degenerated FWM (i �= j �= k) and degenerated FWM (i =
k �= j ). As it is demonstrated at the end of this subsection, multi-wave mixing (MWM) also occurs in
UL-SOAs where more than four frequencies are involved in the generation of new spectral components.
In order to consider these MWM processes, odd higher order tensors have to be included into Eq. 3.11.

Bogatov-like Effect

The Bogatov-like effect is part of FWM and describes how the new frequency components, generated
by the dynamic gain and index gratings, affect the signals at the input frequencies. When describing the
effect with the 3rd order nonlinear susceptibility, the indices of the frequencies have to be i = j �= k [29].

3Since active semiconductor media are resonant, the susceptibility is strongly dependent on the electric field and the carrier
density distribution χNL(�E ,ρ). For this reason, the expansion can only be done if the input signals are CW signals and the
perturbation due to the dynamic part of Eq. 3.10 is small. As a result, the susceptibility can be assumed to be static and the
expansion can be used for some principal calculations and explanations [96].
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In [97], Bogatov has presented a parametric amplification in nonlinear semiconductor media. Due
to the dynamic gain and index gratings, the amplification of the weaker signal (probe) is dependent on
the power and the frequency detuning of the stronger signal (pump). Different from [97], in UL-SOAs
the effect is dominated by the fast intraband effects in the UL-SOA’s saturated section. This so called
Bogatov-like effect can be described analytically

Δg probe
SHB (Ω, Ppump) = gsat εSHB

Ppump

�
αSHB τSHBΩ− 1�
τSHBΩ

�2+ 1
(3.14a)

Δg probe
CH (Ω, Ppump) = gsat εCH

Ppump

�
αCHτCHΩ− 1�
τCHΩ

�2+ 1
(3.14b)

Δg probe
FCA

(Ω, Ppump) =
dg

dN
εFCA Nsat

Ppump

�
αFCA τCHΩ− 1�
τCHΩ

�2+ 1
(3.14c)

with gsat =
αint
Γ . A detailed derivation of these equations is given in Sec. F. Each type of gain suppression

contributes to the amplification asymmetry except TPA as its gain coefficient due to the dynamic gratings
only affects frequencies corresponding to the FWM products. The overall gain of the probe signal can be
calculated with

g probe= g (ωprobe) +Δg probe
SHB (Ω, Ppump) +Δg probe

CH (Ω, Ppump) +Δg probe
FCA
(Ω, Ppump). (3.15)

To estimate the magnitude of the Bogatov-like effect in the UL-SOA’s saturated section, it is appropri-
ate to approximate |Epump|2 with � Ssat. Fig. 3.7 shows that the probe signal’s amplification is asymmetric
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Figure 3.7.: Probe signal’s gain in dependence of the frequency detuning to the pump signal due to the Bogatov-like effect in the
UL-SOA’s saturated section (Ppump ≈ �Ssat); the values for the variables in Eq. 3.14 are given in Tab. B.2

in dependence of the pump signal’s frequency detuning Ω. Unlike the original Bogatov effect, the am-
plification asymmetry can be observed over several nanometres. The reason for this are the short time
constants of the fast intraband effects. With an increasing detuning the effect decreases and becomes zero
for an infinite detuning. For a certain detuning a maximum gain asymmetry is observed. Similar results
for the nonlinear effects in short SOAs are presented in [89].

Since the α-factors in Eqs. 3.14 only contribute to the numerator’s linear polynomial terms, they have
a major influence on the asymmetry of the probe signal’s amplification. E.g., the gain suppressions with
a very low α-factor (SHB and FCA) result in a nearly symmetric gain profile around the axis of Ω = 0
(Fig. 3.7a)). In general the α-factors in SOAs are positive, so due to the dynamic nonlinear gain, the probe
signal is amplified for a positive frequency detuning and attenuated for a negative frequency detuning
(Fig. 3.7b)).
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Not only the gain of the probe signal is affected in dependence of the pump signals power and frequency
detuning but also the phase:

Δφprobe
SHB (Ω, Ppump) = gsat εSHB

Ppump

�
αSHB+ τSHBΩ�
τSHBΩ

�2+ 1
(3.16a)

Δφprobe
CH (Ω, Ppump) = gsat εCH

Ppump

�
αCH+ τCHΩ�
τCHΩ

�2+ 1
(3.16b)

Δφprobe
FCA
(Ω, Ppump) =

dg

dN
εFCA Nsat

Ppump

�
αFCA+ τCHΩ�
τCHΩ

�2+ 1
(3.16c)

The equations are also a result of the derivation in Sec. F. Similar to Eq. 3.15, the overall phase change of
the probe signal can be calculated with

Δφprobe =Δφ(ωprobe) +Δφ
probe
SHB (Ω, Ppump) +Δφ

probe
CH (Ω, Ppump) +Δφ

probe
FCA
(Ω, Ppump). (3.17)

Fig.3.8 shows the phase change of the probe signal due to the dynamic gratings. Similar to the Bogatov-
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Figure 3.8.: Probe signal’s phase change in dependence of the frequency detuning to the pump signal due to the Bogatov-like
effect in the UL-SOA’s saturated section (Ppump ≈ �Ssat); the values for the variables in Eq. 3.16 are given in Tab. B.2

like effect affecting the probe signal’s gain, the effects on the phase due the SHB and FCA are nearly
symmetric to a detuning of 0 because of αSHB ≈ 0 and αFCA ≈ 0.

Simulating Four-Wave Mixing and the Bogatov-like effect

Fig. 3.9 shows spectra at the output of the 8 mm-long bulk UL-SOA (Sec. B.3) for two co-polarised CW
input signals around three different input wavelengths. The CW input signals had wavelength spacings
of 0.2 nm and were injected around 1550 nm, 1560 nm and 1565 nm, respectively.

Although only two co-polarised CW signals enter the UL-SOA, a spectrally broad mode comb can
be obtained at the UL-SOA’s output. The broad FWM comb is a result of cascaded FWM because the
FWM products, again, interact with their neighbour modes due to the high FWM efficiency (Fig. 3.10) so
the process repeats multiple times. If the two input signals are injected around the gain peak wavelength
and only cascaded FWM would create the mode comb, a strictly decaying smooth shape of the comb’s
envelope with its maximum at the input signal’s wavelength would be obtained. While the low power
modes of the mode comb have this smooth decaying shape, the power of the high power modes fluctuates
over several dBm compared to the neighbor modes. Moreover, a saddle point on the shorter wavelength
side of the high power modes can be observed. No matter where the FWM comb is located in the
gain spectrum, the saddle point is always on the shorter wavelength side of the FWM comb. Similarly,
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the Bogatov-like effect attenuates modes on the shorter wavelength side of a stronger signal. For this
reason, the saddle point can be ascribed to the Bogatov-like effect causing an attenuation on the shorter
wavelength side. The power fluctuations can also be ascribed to the Bogatov-like effect in combination
with different FWM processes interacting in opposite direction. While for the low power modes the
feedback of the FWM products on the parent modes can be neglected, in the high power mode region also
the feedback of the FWM products on the parent modes has to be considered. As a result, irregularities
caused by the Bogatov-like effect can be carried on by different FWM processes (degenerated FWM,
non-degenerated FWM and MWM) operating in opposite direction. Since the Bogatov-like effect only
becomes a significant influence for high optical power, the saddle point and the modes power fluctuation
are close by the high power modes.

The influence of the Bogatov-like effect on the phase can also be observed if the phase of the FWM
mode is regarded. Fig. 3.11 shows the phase and the amplitude of each generated FWM mode. The
phase of the FWM modes is not linear for the regime with high optical power FWM modes while on the
shorter wavelength side a region with approximately 40 modes with linear phase relation can be observed.
Without any Bogatov-like effect the phase relation of the FWM products would be linear (Eq. 3.12) but
Fig. 3.11 depicts that the modes whose power is affected by the Bogatov-like effect also have a distorted
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Figure 3.11.: FWM modes phase relation obtained from two co-polarised CW input signals with each 8.5 dBm of input power;
the figure shows the phase and the power only at a FWM modes

phase.
Comparing the measurements and the simulations in Fig. 3.9, an excellent match can be observed. Due

to the time-domain modelling, the dynamic gain and phase gratings are inherently implemented. Hence,
the Bogatov-like effect and FWM in all its variates are calculated automatically. Modelling such complex
interactions in frequency-domain is almost impossible, since even simple FWM processes are complicated
to calculate [18].

3.4. Device Optimisation

In UL-SOAs, nonlinear optics is done due to the fast intraband effects in the saturated section of the
UL-SOA. To improve the performance of these effects, the driving conditions and the device parameters
have to be optimised. Some appropriate parameters are: the mode confinement, the differential gain, the
internal loss and the driving current 4.

To optimise the performance of the UL-SOA, the efficiencies of the fast intraband effects have to be
improved. The analytic represation of these intraband effects are rate equations for the gain (Eqs. 2.14).
Letting one equation represent all intraband effects

∂ gNL

∂ t
=− gNL

τNL
− εNL

τNL
g S (3.18)

and making the change instantaneous (τNL→ 0), a steady state solution for the gain due to the intraband
effects can be obtained [25]

gNL =−εNL g S . (3.19)

The intraband effects affect the optical signal strongly if the interactions of the nonlinear gain gNL in
Eq. 2.28 are maximised. Since gNL is weighted in Eq. 2.28 with Γ and εNL is a material constant, ΓgsatSsat
has to be maximised. The saturated photon density Ssat can be obtained from Eq. 2.12 where the contri-
butions of TPA are neglected

0
!=

I

eV
− Nsat

τCDP
− vG gsatSsat. (3.20)

Fig. 3.12 shows the analytic results of the optimisation for a variation of the appropriate parameters.
Compared to the differential gain and the internal losses, the optimisation parameter depends on the

4The mode confinement can be changed with the geometry of the waveguide, the differential gain depends on the device type
(bulk, MQW, quantum dash or QD active region) and the internal loss can be changed with the waveguide type (ridge,
v-grove or buried waveguide)
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Figure 3.12.: Calculated optimisation parameter (ΓgsatSsat in [m-4]) as a function of the mode confinement, the differential gain,
the internal losses and the driving current per length; the parameters are taken from Tab. B.2

mode confinement and the current per length, significantly. Hence, to improve the performance of the
device, the current per length and the mode confinement should be increased. To cross-check the analytic
results, full numerical simulations have been performed. As a figure of merit the number of generated
modes of a FWM comb has been taken. The dependence of the number of modes on the wavelength
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width=0.02 nm

spacing and the confinement factor or the current per length is shown in Fig. 3.13. Only the modes with
a minimum optical signal to noise ratio (OSNR) of 10 dB have been taken into account. As expected,
the number of modes increases with increasing confinement factor and increasing current per length
showing that these are important parameters for the device optimisation. Since in bulk devices larger
confinement factors can be realised bulk UL-SOAs provide a better performance concerning nonlinear
signal processing compared to MQW UL-SOAs. With increasing wavelength spacing, the number of
modes decreases since the FWM efficiency decreases (Fig. 3.10) due to the time constants of the intraband
effects (Eqs. 2.14) decreasing the amplitude of the dynamic gain and index gratings.

While the mode confinement for the 8 mm-long bulk UL-SOA (Sec. B.3) can still be increased, the
driving current with 300 mA/mm is already at its maximum because of thermal heating caused by the
current. Furthermore, the coupling loss at the facet should be as low as possible to saturate the UL-SOA
mainly by the signal and not by ASE.
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4. High-Speed Wavelength Conversion With Signal
Regeneration in UL-SOAs

As emphasised in Sec. 1.3.1, high-speed AOWC with signal regeneration is of interest in future optical
packet switched networks. A typical scenario in such a network could be that a data signal is transmitted
over several spans of a long-haul transmission fibre link. During the transmission, the signal quality
decreases and should be regenerated at the network access node before the signal is transmitted to the
next node. When arriving at a metro-network access node, all WDM channels will be optically amplified
with an EDFA before the WDM channel of interest will be converted to the new wavelength of the
channel being available in the metro-network or on the next long-haul fibre link.

A combination of a typical SOA single path wavelength converter with the signal regeneration concept
of UL-SOAs [46] leads to the conceptual setup in Fig. 4.1. The investigated device is a 4 mm-long bulk

λ ,  PData Data

CW CW

CW Signal

UL-SOA

Data Signal

λ ,  P

OSO

Figure 4.1.: Conceptual setup of the wavelength converter including the ER improvement; optical sampling oscilloscope (OSO)

UL-SOA with the parameters from Tab. B.2. According to the result in Sec. 3.4, the geometric structure
of the device has been optimised in order to increase the efficiency of the nonlinear effects (Γ=0.5 and
Lcoup=3 dB). As mentioned in the paragraph above, an appropriate position for the wavelength converter
could be after an EDFA. For this reason, the parameters in Tab. 4.1 are assumed for the input data signal.
The data signals being investigated are 100 Gbit/s on-off keying (OOK) return to zero (RZ)-50% modulated

Symbol Value Description
λData 1560 nm Wavelength of the data signal
P̄Data 1 dBm Average power of the data signal
ERData 6 dB Extinction ratio of the data signal
λCW 1564 nm Wavelength of the CW signal
PCW 2 dBm Power of the CW signal

Table 4.1.: Default parameters of the input signals

PRBSs of orders up to 25. The bandpass filter after the UL-SOA is a second-order Gaussian filter with a
3 dB-bandwidth of 275 GHz.

Limited computation capacity made it impossible to simulate complete PRBSs longer than 28-1. Crit-
ical bit sequences were taken instead to estimate the impact of bit pattern effects on the regeneration
scheme. As mentioned in Sec. 3.2, bit pattern effects occur if the data signal remains long at one of
the signal states. Therefore, the critical bit sequences contain various combinations of the following bit
sequences: constant signal states, one inverted bit within a constant signal state and alternating bit se-
quences. These combinations of bit sequences are expected to create worst-case bit pattern effects. A
detailed description of the critical bit sequence is given in Sec. G of the appendix.
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4.1. Investigation of Bit Pattern Effects

In general the speed of bulk and MQW-SOAs for all-optical signal processing is limited to approximately
20 Gbaud due to the carrier lifetime [20, 21]. In contrast, bulk and MQW UL-SOAs should be usable
for signal processing of data signals with symbol rates fairly above the carrier lifetime (Sec. 3.2). For
SOAs under usual driving conditions, bit pattern effects are expected for a 100 Gbaud data signal. There-
fore, 100 Gbit/s OOK RZ-50% data signals (Tab. 4.1) seem to be appropriate to investigate the high-speed
feasibility of UL-SOAs.

Fig. 4.2 shows the eye diagram of a 100 Gbit/s data signal before and after the UL-SOA that has been
exclusively injected into the UL-SOA. As expected, the eye diagram at the output of the UL-SOA is
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Figure 4.2.: Eye diagram for a PRBS with the length of 28-1 after the bandpass filter at λData without additional CW signal at the
input; the signal is totally distorted due to bit pattern effects, SGM, SPM and ASE

totally distorted due to multiple effects: bit pattern effects, SGM, SPM and ASE. Since 100 Gbit/s are not
clearly above the carrier lifetime, it is not clear how significant the contribution to the distortions due
to bit pattern effects are. For this reason, the standard deviation of the signal levels at the maximum
eye opening (measured at the centre time of 5 ps) as a function of the equivalent PRBS order is evaluated
(Fig 4.3). For the PRBS orders up to 6, the standard deviation of the signal states increases resulting in a
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Figure 4.3.: Standard deviation of the signal levels measured at 5 ps in Fig. 4.2 as a function of an equivalent PRBS order after
the bandpass filter without additional CW signal; solid lines: true PRBS and dashed lines: critical sequence

decreasing signal quality. The tremendous increase of the standard deviation’s ”1”-level between the first
and fourth equivalent PRBS order can be ascribed to the growing overshoot on top of the eye opening.
Moreover, the simulation shows that after a PRBS order of 4 the distortions due to bit pattern effects
saturate.
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When injecting the data signal with an orthogonally polarised additional CW signal into the UL-SOA,
a clearly opened eye diagram can be observed at the output of the UL-SOA (Fig. 4.4). Also, the data
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Figure 4.4.: Eye diagram for a PRBS with the length of 28-1 after the bandpass filter at λData with additional orthogonally
polarised CW at the input; compared to the input signal, the output signal has been amplified but the ER has been decreased to
1.9 dB

signal has been amplified by 12 dB. The amplification is about half as much as the amplification for the
case with the exclusive transmission of the data signal through the UL-SOA because the gain distributes
equally to the data signal and the CW signal. Furthermore, the ER 1 of the data signal has been reduced
from 6 dB to 1.9 dB. The investigation of the signal levels’ standard deviation shows that for the case
with the orthogonally polarised additional CW, nearly no bit pattern effects can be observed (Fig. 4.5).
Only a very slight increase between a PRBS order of 1 and 2 can be observed so that the influence of bit
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Figure 4.5.: Standard deviation of the optical signal levels measured at 5 ps in Fig. 4.4 as a function of an equivalent PRBS order
after the bandpass filter with co-polarised additional CW signal; solid lines: true PRBS and dashed lines: critical sequence

pattern effects is negligible. For this reason, the additional CW signal can be regarded as a holding beam
successfully suppressing the bit pattern effects.

To prove the efficiency of the CW signal as a holding beam, the carrier density distribution inside
the UL-SOA along the propagation direction has to be regarded. Fig. 4.6 shows the steady-state carrier
density for infinitely long constant signal levels. For the case with an additional CW signal, the carrier
density peak shifts by 1.5 % of the device length when a worst-case transition after a very long constant
signal state appears. For the case without additional CW signal, the carrier density peak shifts by 9.5 %
of the device length resulting in a mentionable change of the operation point. Moreover, the small shifts

1The ER is defined as the power ratio of the ”1”-level to the ”0”-level of a data signal. In this thesis the ER is measured at the
time of 5 ps of an eye diagram for the minimum ”1”-level and the maximum ”0”-level of the signal.



4.2. Extinction Ratio Improvement in UL-SOAs 37

0.0 0.5 1.0 1.5 3.5 4.0

1.0

1.5

2.0

2.5

With CW

"1"-level

"0"-level

Without CW

"1"-level

"0"-level

Position in Propagation Direction [mm]
C

a
rr

ie
r 

D
e

n
s
it
y
 [

m
-3
]

x10
24

1.5%
9%

Figure 4.6.: Carrier density distribution along the propagation direction for infinite long constant signal levels of the data signal

of the carrier density peak also have to be related to the UL-SOA’s driving conditions and the optimised
device. First of all, the low coupling losses and the high optical input power deeply saturate the UL-SOA
even for a data signal’s ”0”-level. Moreover, the small input extinction ratio only results in a small shift
of the carrier density peak for a worst case transition. Another aspect is the optimised geometry of the
device, increasing the efficiency of the nonlinear intraband effects. Hence, the UL-SOA can be shortened
compared to the 8 mm-long device in Sec. B.3. As a result, there is less back-propagating ASE, shifting
the carrier density peak towards the front of the UL-SOA contributing to a stable operation point.

In the eye diagram of Fig. 4.4 a broadening of the data signal’s traces at the UL-SOA’s output can still
be seen although the bit pattern effects are negligible. The trace broadening can also be observed for sine
modulated signals where no bit pattern effects are expected at all because half the sine’s time period is
much shorter than the carrier life time. When investigating the distribution of the field intensity’s relative
standard deviation of the ”0”-level and the ”1”-level, for both signal levels a Gaussian distribution with
an equal relative standard deviation can be observed. As a result, the trace broadening can be ascribed to
ASE.

4.2. Extinction Ratio Improvement in UL-SOAs

With two input signals, a parametric amplification of the data signal in dependence of the CW signal
can be obtained inside the UL-SOA, resulting in a nonlinear transfer characteristic POut(λData) over
PIn(λData,λCW). With the help of the nonlinear gain characteristic, the ER of the data signal can be
improved [46].

4.2.1. Operation Conditions for the Extinction Ratio Improvement

Since the ER improvement is caused by a parametric amplification, the input power ratio of the CW signal
and the data signal has a major influence on the ER improvement. When plotting the data signal’s ER at
the UL-SOA’s output over the input power ratio, an ER improvement characteristic can be obtained. For
a particular input power ratio the data signal’s ER after the UL-SOA has increased being of interest for
signal regeneration applications with UL-SOAs. In this subsection a systematic study of the UL-SOA’s
operating conditions for the ER improvement is done. The investigated parameters are: polarisation
dependence, relative wavelength alignment, wavelength detuning of the input signals, data signal’s input
power and ER and the UL-SOA’s α-factor. The investigations are done with the setup presented in
Fig. 4.1. The UL-SOA is the 4 mm-long optimised device and the input signals are the default signals
from Tab. 4.1. The centre wavelength of the bandpass filter has been set to the wavelength of the data
signal.
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Figure 4.7.: Output ER in dependence of the input signals’ polarisation; the signals need to be co-polarised in order to to achieve
an ER improvement

The first test series investigates the ER improvement depending on the input signals’ polarisation
(Fig. 4.7). The input signals need to be co-polarised in order to obtain an ER improvement. The polar-
isation dependence indicates that dynamic nonlinear effects from Sec. 3.3.2 cause the ER improvement.
If the signals are orthogonally polarised, there are no dynamic gain and index gratings, resulting in a
decreased ER due to SGM (Sec. 4.1).

The following two investigations should figure out if the Bogatov-like effect is the reason for the ER
improvement. Since the Bogatov-like effect depends on the wavelength detuning, the input signals’ rela-
tive wavelength alignment on the ER improvement is analysed in Fig. 4.8. Having the CW signal located
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Figure 4.8.: Output ER in dependence of the relative wavelength alignment of the data signal to the CW signal; the data signal
has to be located on the shorter wavelength side in order to achieve an ER improvement

on the shorter wavelength side, the data signal’s ER after the UL-SOA decreased more than it is conven-
tionally expected (compare to the ER in Fig. 4.7 for orthogonal polarised input signals). The CW signal
has to be located on the longer wavelength side in order to obtain an ER improvement. This asymmetry
regarding the wavelength detuning is a consequence of the asymmetric probe amplification due to the
Bogatov-like effect as presented in Sec. 3.3.2. Similar to the ER improvement the probe is amplified for
an alignment on the pump’s longer wavelength side while for the shorter wavelength side it is attenuated.

If the Bogatov-like effect truly causes the ER improvement, the α-factors of the UL-SOA should have a
major influence on the ER improvement. Inverting the α-factors results in an inverse behaviour of the ER
development (Fig 4.9). For this reason, the alignment of the data signal to the CW signal also has to be
changed if the α-factors are inverted in order to obtain an increasing ER. In the same manner the Bogatov-
like asymmetry flips over with a negative α-factor intensifying the indications that the Bogatov-like effect
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causes the ER improvement.
So far the studied driving conditions enable and disable the ER improvement. Furthermore, they in-

dicate that the Bogatov-like effect causes the ER improvement. The other driving conditions that are
investigated in the following part of this subsection should only affect the efficiency of the ER improve-
ment because the efficiency of the Bogatov-like effect is only affected by these driving conditions.
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Figure 4.10.: Output ER in dependence of the data signal’s input power

Fig. 4.10 demonstrates the dependence of the ER improvement on the input power of the data signal.
As long as the input power of the CW signal is readjusted (same input power ratio) only a small influence
of the data signal’s input power on the ER improvement efficiency can be observed.

The impact of the data signal’s input ER on the ER improvement is investigated in Fig. 4.11. Up to an
input ER of approximately 7.5 dB of the data signal’s ER, the ER improvement efficiency increases with
increasing ER of the data signal at the UL-SOA’s input being indicated by a slope of the plot being > 1.
Above an input ER of 7.5 dB the ER improvement saturates.

Lastly the dependence of the ER improvement on the wavelength detuning of the two input signals is
studied. Fig. 4.12 only shows, that with increasing wavelength detuning the ER improvement decreases.
In [101] has been demonstrated that the ER improvement also decreases for wavelength detunings less
than 4 nm. Due to the bandwidth consumption of the 100 Gbit/s data signal, the wavelength detuning
could not be reduced below 4 nm so the ER reduction could not be demonstrated.

A detailed discussion of this subsection’s results is given at the end of Sec. 4.2.2 when the reason for
the ER improvement has been revealed. Moreover, in [101] a comparison between measurements and
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Figure 4.12.: Output ER in dependence of the wavelength detuning; λData has been kept constant for this investigation

simulations of this subsection’s investigations has been done for the 8 mm-long UL-SOA of Sec. B.3.

4.2.2. Reason for the Extinction Ratio Improvement

In the previous subsection, it is shown that the Bogatov-like effect causes the ER improvement in UL-
SOAs. In this subsection, the ER development inside the UL-SOA is investigated numerically and with
the help of Eqs. 3.14 for the Bogatov-like effect, an explanation is given for the ER improvement. To
simplify the explanation, only the data signal’s ”1”-level (P1 =max(PData)) and ”0”-level (P0 =min(PData))
were investigated because the ER is the power ratio between the data signal’s ”1”-level and ”0”-level
(ER = P1/P0). As shown in Fig. 4.8, the ER development is dependent on the relative wavelength
alignment of the data and the CW signal. Therefore, the case for the ER enhancement will be discussed
(λData < λCW) first, followed by the same line of arguments applied to the degenerating case (λData > λCW).

Explanation of the Extinction Ratio Improvement (λData < λCW)

The ER improvement will be explained at the example of the 4 mm-long UL-SOA with the optimised
input power ratio of 3 dB (Fig. 4.8). Fig. 4.13a) shows the ER development inside the UL-SOA. For
the first 1.5 mm of the device the ER decreases. As mentioned in Sec. 3.2, the UL-SOA behaves in this
part like a short SOA where the ”1”-level is less amplified than the ”0”-level because of SGM. However,
after 1.5 mm the signals’ power are large enough to fully saturate the UL-SOA and the regenerative effect
influences the signals.

Following the notation in Sec. 3.3.2, we will now refer to the CW signal as the pump and to the data
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Figure 4.13.: Development of the ER a) and the optical power b) inside the UL-SOA along the amplifier axis for a input power
ratio of PCW/P̄Data=3 dB and λData < λCW; the major part of the regenerative effect takes place on the last 1.5 mm of the device

signal as the probe. This convention is verified by Fig. 4.13b) showing that the CW signal is always the
stronger signal of the two signals.

When regarding Fig. 4.13 it becomes noticeable, that the ER improvement in the saturated section is
a two-step process: Firstly, the pump signal is cross-gain modulated by the probe signal (ER≈1 dB). This
inverse modulation results in two different pump power levels for the ”0” and the ”1”-state of the probe
signal. Secondly, as it was shown in Eqs. 3.14, the gain coefficients related to the Bogatov-like effect
are dependent on the pump power. For a probe signal’s ”0”-level the power of the pump is maximal,
resulting in a stronger attenuation due to the Bogatov-like effect than for a probe signal’s ”1”-level. As
a result the ER increases. The attenuation of the data signal can mainly be ascribed to the Bogatov-like
effect and not to an unbalanced amplification because of the wavelength dependent material gain. The
latter is negligible because the wavelength detuning is only 4 nm and the signals are located symmetrically
to the gain peak.

The reason why the ER mainly increases on the last 1.5 mm of the device, can also be explained with
the dependence of the Bogatov-like effect on the pump signal’s power. Fig. 4.13a) shows that the pump
signal’s modulation depth, affecting the efficiency of the Bogatov-like effect, is maximal on the last 1.5 mm
of the device. Another reason for pronounced ER improvement after 2.5 mm is the pump signal’s power.
Between the position of 1.5 mm and 2.5 mm the pump signal is still amplified by 1.5 dB. This corresponds
to a 40% increased gain coefficient in Eqs. 3.14. The effect is even boosted because of the exponential
dependence of the probe power on the gain coefficients (solution of the propagation equation Eq. 2.28).

Since the Bogatov-like effect can be easily applied to CW signals, the ER improvement inside the UL-
SOA’s saturated section has been considered by regarding the ”0”-level and ”1”-level separately. This
approach is truly justified because the relaxation times of the fast intraband effects are much shorter than
half a bit length. Hence, similar to that of CW signals, a steady-state behaviour of the Bogatov-like effect
for modulated signals can be assumed. Furthermore, the effect is usable for high-speed data signals due to
the short time constants of the intraband effects.

Explanation of the Extinction Ratio Degeneration (λData > λCW)

Comparing Fig. 4.7 and Fig. 4.8, for positive frequency detuning (λData > λCW), the ER decreases more
drastically in UL-SOAs than conventionally expected. The conventionally decreased ER can be obtained
for orthogonally polarised input signals and simply occurs due to SGM. The main additional degenera-
tion takes place on the last 1.5 mm of the device (Fig 4.14a)) and can also be explained with the help of
the Bogatov-like effect.

As the wavelength alignment of the signals change, the frequency detuning becomes positive. There-
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Figure 4.14.: Development of the ER a) and the optical power b) inside the UL-SOA along the amplifier axis for a input power
ratio of PCW/P̄Data=0 dB and λData > λCW; in the first part of the UL-SOA’s saturated section the amplitude modulation of the
CW signal is mainly due to XGM while in the second part the Bogatov-like effect improves the ER of the converted signal at
the wavelength of the CW

fore, the Bogatov-like effect results in an additional amplification. Again, the pump signal is inversely
modulated to the probe signal (Fig 4.14b)). As a result, a probe signal’s ”1”-level is less amplified than
the ”0”-level and the ER decreases. For this frequency detuning, the pump power is smaller than for
the negative frequency detuning (|Epump|2 < Psat), resulting in a decreased efficiency of the Bogatov-like
effect.

Detailed Discussion of the Results in Sec. 4.2.1

With the knowledge how the Bogatov-like effect improves the ER in UL-SOAs, in this subsection the
results of Sec. 4.2.1 are discussed more in detail.

The ER improvement characteristic showed a strong dependence on the input power ratio (Fig. 4.8,
4.10, 4.11 and 4.12). The dependence on the input power ratio can be explained with the help of Eqs. 3.14
where the efficiency of the Bogatov-like effect increases with increasing power of the pump (CW signal).
Therefore, it is advantageous to launch the CW signal with increased power (higher power ratio) into the
UL-SOA, to increase the efficiency of the Bogatov-like effect sooner. Hence, the effective length, in which
the ER improvement mainly takes place, will be increased for the same device with higher input power
ratios. For input power ratios above the optimum (PCW/P̄Data > 3dB in Fig. 4.8) the ER improvement
decreases because of two effects. Firstly, for higher input power ratios, proportionally less optical power
is modulated in the first part of the saturated section and can therefore cross-gain modulate the CW signal
being essential for the ER improvement. Secondly, the more the Bogatov-like effect improves the ER due
to asymmetric attenuation, the whole signal is more suppressed causing an increased OSNR because of
SE in the saturated section of UL-SOAs and therefore reducing the ER.

While the enabling and disabling functionality of the optical polarisation, the wavelength alignment
and the α-factor have been already explained in the previous subsections, the ER improvement depen-
dence on the α-factor shows another interesting behaviour. In Fig. 4.9 even for α=0 an ER improvement
could be observed, which at least compensates the degeneration due to SGM. The previous discussion has
shown, that for the ER improvement an unbalanced attenuation of the signal states due to the Bogatov-
like effect (parametric amplification) is necessary. As shown in Fig. 4.15, this can also be achieved by the
Bogatov-like effect without any α-factors although the effect is not as strong as for devices with α-factors.
For devices like highly nonlinear quantum dash SOAs with a decreased α-factor the ER improvement
might also be observable, since the fast nonlinear intraband effects are more pronounced than in bulk
devices. First investigations of these devices have shown similar Bogatov-like effects [100].
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The dependence of the ER improvement’s efficiency on the input power, the wavelength detuning and
the input ER can also be explained more in detail. E.g., for higher input power of the data signal less ASE
is generated by the back propagating wave, shifting the carrier density peak to the front of the device.
Therefore, the length of the saturated section increases resulting in an increased ER improvement. The
shift of the peak towards higher input power ratios in the ER improvement characteristic can also be
ascribed to the ratio between ASE and the signals. For the dependence of the ER improvement on the
data signal’s input ER a saturation can be observed (Fig. 4.11). The saturation is due to SGM of the
cross-gain modulated CW signal limiting the ER of the CW signal. At the end the dependence of the
ER improvement on the wavelength detuning can also be explained more in detail with the Bogatov-
like effect (Fig. 3.7). With increasing wavelength detuning the efficiency of the Bogatov-like effect also
decreases because of the fast intraband effects’ relaxation time constants.

4.2.3. Extinction Ratio Improvement With Wavelength Conversion

In Sec. 4.1, it has been demonstrated that transmission rates faster than the carrier lifetime are also possible
due to an additional CW signal. Unfortunately, saturation effects decrease the ER of the data signal
significantly (Fig. 4.4). Furthermore, with the help of the additional CW signal the data signal can be
wavelength converted due to XGM or FWM. But at the UL-SOA’s output the ER of these converted
signals is also reduced making them useless for further transmission. If both input signals are co-polarised
the ER improvement mechanism from Sec. 4.2.2 can be applied to the wavelength converted signals,
improving the ER of these wavelength converted signals.

Since the ER improvement is sensitive to the input power ratio (PCW/P̄Data), Fig. 4.16 shows the output
signal’s ER after the UL-SOA and the bandpass filter at different wavelengths (Fig. 4.17) for two different
relative wavelength alignments of the input signals. The results illustrate that wavelength conversion with
ER improvement due to XGM or FWM as wavelength conversion mechanism is achievable. In order to
select the AOWC mechanism that should be used, the wavelength alignment and the CW signal’s power
have to be set correctly.

Wavelength Conversion due to XGM

In Sec. 4.2.1, it has been demonstrated that the data signal has to be located on the shorter wavelength
side of the CW signal in order to obtain an ER improvement for the data signal (circle-symbol line of
Fig. 4.16b)). For AOWC with ER improvement due to XGM the wavelength of the converted output
signal is λCW. For this reason, the wavelength alignment has to be swapped λCW < λData (up-triangle-
symbol line of Fig. 4.16a)) which can be explained with the help of Fig. 3.7. Similar to the solo ER
improvement case (without AOWC) described in Sec. 4.2.2, the gain-suppressing part of the probe signal’s



44 4. High-Speed Wavelength Conversion With Signal Regeneration in UL-SOAs

-4 -2 0 2 4 6 8 10

0

2

4

6

8

10

12

14 λ
FWM1

λ
Data

λ
CW

λ
FWM2

O
u
tp

u
t 
E

x
ti
n
c
ti
o
n
 R

a
ti
o
 [
d
B

]

ER
In

Input Power Ratio P
CW

/ P
Data

[dB]a)
-4 -2 0 2 4 6 8 10

0

2

4

6

8

10

12

14 λ
FWM1

λ
Data

λ
CW

λ
FWM2

O
u
tp

u
t 
E

x
ti
n
c
ti
o
n
 R

a
ti
o
 [
d
B

]

ER
In

Input Power Ratio P
CW

/ P
Data

[dB]b)

Figure 4.16.: Extinction ratio measured at different wavelength in dependence of the input signals’ power ratio; λCW < λData a)
and λData < λCW b); λFWM1 is the first FWM product on the shorter wavelength side of the input signals and λFWM2 is the first
FWM product on the longer wavelength side of the input signals (wavelengths according to Fig. 4.17)
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Figure 4.17.: Nomenclature of the spectral components; λFWM1 is the first FWM product on the shorter wavelength side of the
input signals and λFWM2 is the first FWM product on the longer wavelength side of the input signals; the mapping of the input
signals is dependent on the wavelength alignment (λData > λCW or λData <λCW)

amplification asymmetry (negative frequency detuning) is used to achieve the ER improvement. When
investigating how the power of the signals develops inside the UL-SOA (Fig. 4.14b)), the data signal is the
stronger pump signal and its modulation affects the weaker probe (CW signal). Since the CW signal has
been cross-gain modulated in the first part of the UL-SOA’s saturated section, its modulation is inverse
to the data signal’s modulation. Furthermore, the intensity of the Bogatov-like effect is dependent on the
pump signal’s power (data signal’s power). For this reason, the CW’s ”1”-level is less suppressed than the
”0”-level resulting in an increasing ER.

Fig. 4.16 shows that the ER improvement efficiency for the wavelength conversion case is approxi-
mately 3 dB better than for the solo ER improvement case. In both cases, the ER improved signal is the
probe and for this reason the ER improvement efficiency is dependent on the pump’s modulation depth
(ER). In the second part of the UL-SOA’s saturated section, where the ER improvement mainly takes
place, the pump’s modulation is stronger for the wavelength conversion case. For the solo ER improve-
ment case, the pump signal’s (CW’s) modulation is also dependent on the XGM efficiency in the first
part of the UL-SOA’s saturated section. For the wavelength conversion case the pump (data signal) is
already modulated from the beginning and therefore independent of the XGM efficiency.

Fig. 4.18 shows an eye diagram of a 100 Gbit/s RZ-data signal which has been wavelength converted and
ER improved. After the bandpass filter where the signal has been filtered from ASE and the original data
signal, the converted signal’s ”1”-level has been amplified by 7.5 dB and the ER has been increased from
6 dB to 13 dB.
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Figure 4.18.: Eye diagram for a PRBS with the length of 28-1 after the bandpass filter; the mechanism for the wavelength
conversion is XGM so the data signal is converted to λCW and is inversely modulated; PCW/P̄Data = 1dB

Wavelength Conversion due to FWM

AOWC with ER improvement due to XGM from the previous subsection has the ability to convert
only to a shorter wavelength. When using FWM as wavelength conversion mechanism instead, up and
down conversion with ER improvement can be realised. Moreover, the converted signal is not inversely
modulated to the original input data signal.
Conversion to Longer Wavelengths: When increasing the input power of the CW signal to 9 dBm
and setting the wavelength alignment to λCW < λData, AOWC to longer wavelengths (λFWM2) with ER
improvement can be achieved. The power of the signal after the UL-SOA and the bandpass filter is
approximately equal compared to the data signal’s input power and the ER slightly increased from 6 dB
to 7 dB. Hence, the ER improvement mainly compensates the ER degeneration due to the saturation
effects. The reason for the worse ER improvement compared to the AOWC with ER improvement due
to XGM and the solo ER improvement can be figured out when the mechanism of the ER improvement
is further investigated. In the saturated section of the UL-SOA the signal is wavelength converted to
λData +Δλ because of FWM. Since the data signal’s ER decreases while propagating through the UL-
SOA the ER of the wavelength converted signal is also low. In the second part of the UL-SOA’s saturated
section, the ER of the wavelength converted signal is improved by the Bogatov-like effect. In contrast to
the previously discussed ER improvement mechanisms, the amplifying part of the probe’s amplification
asymmetry of Fig. 3.7 (positive frequency detuning) is used to achieve the ER improvement (Fig. 4.19a)).
During the whole conversion, the converted signal has less power than the original data signal. For
this reason, the converted signal will be refereed to as the probe and to the original data signal as the
pump. Since the probe and the pump have the same modulation and the efficiency of the Bogatov-
like effect is dependent on the pump’s power, the probe’s ”1”-level is more strongly amplified than the
”0”-level resulting in an increasing ER. Compared to the negative frequency detuning, the Bogatov-like
effect is small for a positive frequency detuning thus decreasing the efficiency of the ER improvement.
Although, the CW signal in Fig. 4.19a) has more power than the data signal, its Bogatov-like effect does
not cause the ER improvement. First of all, the Bogatov-like effect is negligible over such a large positive
frequency detuning and secondly the CW signal is inversely modulated to the converted signal resulting
in a decreasing ER of the FWM converted signal in combination with a positive frequency detuning.
Conversion to Shorter Wavelengths: Keeping the input power of the CW signal at 9 dBm but changing
the wavelength alignment to λData < λCW, AOWC to shorter wavelengths (λFWM1) with ER improve-
ment is achieved. The power of the signal after the UL-SOA and the bandpass filter has been decreased
by about 1 dB compared to the data signal’s input power and the ER also slightly increased from 6 dB
to 7 dB. Hence, the ER improvement mainly compensates the ER degeneration due to SGM. Again, the
small ER improvement efficiency can be revealed when a closer look is taken on how the Bogatov-like
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Figure 4.19.: Output spectra of the UL-SOA for a 100 Gbit/s OOK RZ-50% signal which has been wavelength converted due to
FWM; conversion to longer wavelengths (λFWM2) a) and conversion to shorter wavelengths (λFWM1) b); PCW/P̄Data = 8dB; the
red graph illustrates the gain of the relevant Bogatov-like effect causing the ER improvement

effect affects the converted signal. Similar to the other FWM case, the signal is wavelength converted to
λData−Δλ with a decreased ER in the UL-SOA’s saturated section while the ER improvement only takes
place in the second part of the saturated section. In general, one would expect the converted signal with
low power (probe) to be influenced by the stronger data signal but due to the high input power ratio,
the data signal is strongly suppressed by the CW signal (Fig. 4.19b)). Therefore, the influence of the data
signal on the converted signal due to the Bogatov-like effect is negligible because of the data signal’s low
power. Instead, the cross-gain modulated and strong CW signal can be regarded as the pump causing the
ER improvement. Similar to the solo ER improvement case, the attenuating part of the Bogatov-like ef-
fect in combination with the inversely modulated pump increases the ER of the converted signal. So far,
the Bogatov-like effect was only discussed for a signals’ detuning of Δλ but in this case the Bogatov-like
effect interacts over 2Δλ decreasing the efficiency of the ER improvement.

Bit pattern effects are also negligible for the presented AOWC with ER improvement schemes in this
section. As emphasised in Sec. 4.1, the inexistence of bit pattern effects is caused by the high optical
power of the input signals and the low ER of the data signal. For the XGM case none of these parameters
has changed (only the CW signal is parallelly polarised to the data signal) and for the FWM case the
optical power of the holding beam (CW signal) had to be increased by 7 dB reducing bit pattern effects
even better.

4.3. High-Speed Signal Regeneration With UL-SOAs

When considering 2R regeneration, a regenerator has to re-amplify and re-shape the data signal. To
achieve this functionality an ideal regenerator has a s-shaped transfer characteristic (Fig. 4.20).

4.3.1. Signal Regeneration Due to the Bogatov-like Effect

Compared to the input signal, the output signal in Fig. 4.18 has been amplified (re-amplification) and
its ER has been improved (a step towards re-shaping). For this reason, the presented scheme has the
potential for 2R regeneration. However, compared to the input signal, the traces of the output signal
have been broadened. Hence, the re-shaping condition has not been met completely because of missing
noise compression. Comparing the traces of Fig. 4.4 and Fig. 4.18 an additional broadening of the ”1”-
level in Fig. 4.18 can be observed being not caused by ASE. The additional broadening in Fig. 4.18 can
be ascribed to the operating point of the UL-SOA being at a steep slope of the transfer characteristic in
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Figure 4.20.: Ideal transfer characteristic (|Eout|2 over |Ein|2) for a 2R regenerator; fluctuations of the input signal are suppressed
due to the clipping functionality of the transfer characteristic

order to obtain a maximum ER improvement. As a result, small fluctuations of the optical power due to
ASE, as they are typical for UL-SOAs (Fig. 4.4), will be increased at the output. Fig. 4.21 shows how the
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Figure 4.21.: Power of the signal levels after the UL-SOA as a function of a change of the input data signal’s levels’ power; for
the variation of the ”1”-level a), the input power of the ”0”-level has been set fixed and for the variation of the ”0”-level b), the
input power of the ”1”-level has been set fixed; for no power variation of the input data signal’s levels (0 dB), the results from
Fig. 4.18 are obtained

power levels of the wavelength converted signal from Fig. 4.18 depend on variations of the power levels
of the input data signal. Since the wavelength converted signal is inverse modulated to the data signal,
the power of the output signal’s ”0”-level varies with a change of the input signal’s power of the ”1”-level
and vice versa. Again, the investigation validate that small variations of the input signal are increased at
the output of the UL-SOA. Fig. 4.21b) shows a saturation in the power change of the output ”0”-level
for a variation of a input ”1”-level (> 1dB). The saturation is caused by a deformation of the output eye
diagram being a result of XPM due to the increased peak power of the data signal’s ”1”-level. The results
are in good agreement with the simulation of the output ER as a function of the input ER (Fig. 4.11)
also indicating that small variations of the input signal are increased at the output of the UL-SOA. A
solution for this problem would be clipping of the signal levels, being typically obtained for the ”1”-level
due to SGM in SOAs. The inexistence of the gain saturation for the presented scheme is also indicated
by the signals’ output power levels in Fig. 4.18 and Fig. 4.4 being about 6 dB less for the parallel polarised
case where the Bogatov-like effect is enabled. Since the attenuating part of the Bogatov-like effect is used
for the ER improvement, the output signal’s ”1”-level for the AOWC cases with conversion to shorter
wavelengths and for the solo ER improvement case do not saturate.

For the conversion to longer wavelengths, the amplifying part of the Bogatov-like effect is used to
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achieve the ER improvement so in general a saturation should be possible. Unfortunately this ER im-
provement mechanism is very inefficient (Sec. 4.2.3) so the UL-SOA’s length needs to be increased. More-
over, in MQW-devices with a decreased α-factor the probe’s gain asymmetry becomes more and more
symmetric and will also lead to attenuation for a positive frequency detuning (Fig. 4.15). Hence, the ER
improvement mechanism for conversion to longer wavelengths might not be observable. In such a case,
the wavelength alignment must be λData < λCW in order that the inverse modulated CW also improves
the ER of the wavelength converted signal. Furthermore, in MQW-devices the mode confinement is
much smaller, decreasing the efficiency of the effects due to the nonlinear gain (Sec. 3.4). Therefore, an
ER improvement might not be observable in MQW-devices at all.

4.3.2. Using a Pulse Reformatting Filter

Another single path technique for wavelength conversion with the potential for signal regeneration has
been presented in [102]. In contrast to other earlier discussed wavelength conversion mechanisms with
ER improvement, the nonlinear effect causing the functionality of the wavelength conversion and the
regeneration mechanism is XPM. The scheme can also be applied on high-speed data signals but due to
bit pattern effects in short SOAs [43], signal regeneration cannot be achieved. Since in Sec. 4.1 it has
been demonstrated that bit pattern free high-speed signal processing with UL-SOAs is possible but the
signal has been distorted because of SPM, UL-SOA should provide the ability for high-speed wavelength
conversion with signal regeneration with this technique being investigated in this subsection.
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Figure 4.22.: Conceptual mode of operation for wavelength conversion with signal regeneration due to a pulse reformatting
filter; the upper three plots show the photon density over the time before and after the UL-SOA and after the bandpass filter
respectively and the lower plots the corresponding spectra over the time

Fig. 4.22 shows the conceptual mode of operation for wavelength conversion with signal regeneration
with a pulse reformatting filter. A data signal and a CW signal enter an SOA. While propagating through
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Figure 4.23.: Eye diagram of a wavelength converted data signal after the bandpass filter at λCW; compared to the input signal,
the output signal has an asymmetric shape due to XPM
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the SOA the data signal’s intensity modulation modulates the phase of the CW signal because of the
α-factors (Eqs. 2.17). The phase modulation can be considered as a frequency shift (chirp) for a certain
moment in time. Shifting the centre frequency of the bandpass filter to smaller frequencies than the CW
signal’s frequency, the filter will only pass light of the CW signal at the moment of the chirp resulting in
a wavelength converted output signal with an ER improvement.

Using the same principal setup as for the simulations in Fig.4.4 but regarding the cross-gain modulated
signal at the CW signal’s wavelength after the bandpass filter (Fig. 4.23), a clearly opened eye diagram with
distortions due to XPM can be observed. When readjusting the centre wavelength and the bandwidth of
the bandpass filter according to the concept of Fig. 4.22, the eye diagram and spectra in Fig. 4.24 can be
obtained. Compared to the input signal, the power of the converted signal remained nearly unchanged
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Figure 4.24.: Eye diagram for a PRBS with the length of 28-1 after the bandpass filter a) and spectra of the signal before and after
the bandpass filter; the bandpass filter has a 3 dB-bandwidth of 160 GHz and an offset of 1.1 nm to the centre wavelength of the
CW signal; the signals are polarised orthogonal in order to avoid the influence of dynamic nonlinear effects

but the ER improved from 6 dB to 13 dB. Moreover, the eye diagram shows a double trace for the ”1”-level
indicating bit pattern effects.

Although the setup has not been changed, compared to the results in Fig. 4.4, the eye diagram in
Fig. 4.24a) shows bit pattern effects. When investigating the phase of the CW signal after the UL-SOA
(Fig. 4.25), patterns with the same timing as the power patterns can be observed. Fig. 4.25 shows that
the CW signal has been cross-gain modulated and its phase is cross-phase modulated by the data signal.
Furthermore, the results show that the optical power is nearly free of bit pattern effects while for the
phase slight bit pattern effects can be observed. In spite of the holding beam there is still slight CDP due
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Figure 4.25.: Power and phase after an UL-SOA at the wavelength of the CW signal; the CW signal’s power has been cross-gain
modulated and its phase cross-phase modulated due to the data signal
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to the power variation of the input data signal. For the gain variation this contribution is negligible since
the other nonlinear gain suppressions are much stronger. However, due to the α-factor the contribution
of CDP to the phase change gets boosted because |αCDP| > |αCH| and αSHB,FCA ≈ 0. Even if |ΔφCDP| <|ΔφCH|+ |ΔφTPA| they are still in the same range so ΔφCDP causes bit pattern effects in the signal’s
phase. For this reason, the scheme with an optical reformatting filter is not bit pattern free for high-speed
data signals in UL-SOAs. On top of that the small phase modulations, due to the fast intraband effects,
are too inefficient to provide noise compression and therefore to reduce bit pattern effects.
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5. Supercontinuum Generation With UL-SOAs

Sec. 1.3.2 emphasised that the tunability of components is important in future optical communication
networks. Similarly, in present networks the devices need to be tuneable in order to compensate produc-
tion tolerances. Typically, MLLs are used as integrated supercontinuum sources but the wavelengths of
these devices depends on the devices’ geometry depending on the tolerances of the production processes.
In contrast with UL-SOAs where the tunability is defined by the gain bandwidth and the tunability of
the input signals, e.g., the investigation in Fig. 3.9 showed that broad mode combs can be obtained over
a range of 15 nm.

Since the simulation results in this chapter are compared with measurements, the unoptimised 8 mm-
long UL-SOA from Sec. B.3 is used again. The default values for the two co-polarised CW input signals
are: 8.5 dBm at 1562.92 nm and 8.5 dBm at 1563.08 nm.

5.1. Generation of Short Pulses

Applying the Fourier transformation on a signal with a broad spectrum and linear phase relation of the
frequency components yields a single short pulse in time-domain. In order to obtain a pulse train in time-
domain, the spectrum has to be sampled with equidistant frequency steps [103]. Such a non-continuous
spectrum can be generated with FWM when two co-polarised CW signals enter an UL-SOA (Eqs. 3.12).
Fig. 5.1 shows the conceptual setup for such a pulse source. Since the CW signals can be tuned, the output

UL-SOA

OSA

OSO

TSML
λCW1

TSML
λCW2

Figure 5.1.: Conceptual setup for investigating the generation of short pulses; tuneable single mode laser (TSML), optical
spectrum analyser (OSA), optical sampling oscilloscope (OSO)

pulses can also be tuned. When shifting both signals and keeping the detuning constant, the wavelength
of the pulses can be tuned. The detuning of the CW signals adjusts the repetition rate of the pulses.

5.1.1. Phase Relation of the FWM Modes

In order to create short pulses, the phase relation between the FWM modes has to be linear. The simula-
tion in Fig. 3.11 shows that the phase relation of the FWM modes is not linear for the regime with high
optical power FWM modes while on the shorter wavelength side, a region with approximately 40 modes
with linear phase relation can be found. For this reason, it is advantageous to make use of the low power
FWM modes from the linear phase regime for generating short pulses even if the output power is re-
duced. If all FWM modes are to be used for the pulse generation, an additional element with wavelength
dependent chromatic dispersion is needed in order to correct the phase. Since the phase signature of the
FWM modes cannot be fitted with a second-order polynomial, dispersion compensation fibres cannot be
used for the phase correction. An individual phase correction of each FWM mode can be done with dis-
tributed Bragg gratings, but this device would limit the tunability of the presented scheme significantly.
In order to improve the tunability, novel devices like a double arrayed waveguide grating (AWG) with a
thermal lens could resolve the problem [104] but would increase the complexity of the setup drastically.
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5.1.2. Locking of the Generated Pulses

The mechanism causing the pulse generation in UL-SOA is FWM. For this reason, phase fluctuations of
the input signals will affect all generated FWM modes due to the phase relation of the FWM mechanism
(Eq. 3.12). When using two separate external cavity lasers (ECLs) similar to what was done for the
investigations in Fig. 3.9, the phase of the input CW signals vary randomly due to phase noise or variation
of the operation points. As a result, the generated pulses jitter. Moreover, for investigating the generated
pulses with an optical sampling oscilloscope (OSO), the OSO needs to be triggered to the repetition rate
of the pulses. Due to the phase noise, triggering with the generated pulses would not be stable enough
to obtain results from the OSO. A solution to synchronise the OSO and the pulse timing is to generate
the optical input signals from a stable electrical signal that can also be used for triggering the OSO.
Moreover, the optical signal should only consist of two spectral modes. These demands can be achieved
if an electrical signal drives a MZI in the quadrature point generating a carrier-suppressed sine-modulated
signal [105].

In contrast with simulations, the triggering is only a problem for measurements since in simulations,
the phase relation of the CW lasers can be easily set to be fixed. For this reason, the input signal of
all further measurements in this section is created with a MZI driven in the quadrature point while the
simulation are done with two CW input signals.

5.1.3. Results

1556 1558 1560 1562 1564 1566 1568

-40

-30

-20

-10

0

Wavelength [nm]a)

O
p
ti
c
a
l 
P

o
w

e
r 

[d
B

m
]

(R
B

0
.0

2
n

m
)

=

1556 1558 1560 1562 1564 1566 1568

-40

-30

-20

-10

0

Wavelength [nm]b)

O
p
ti
c
a
l 
P

o
w

e
r 

[d
B

m
]

(R
B

0
.0

2
n

m
)

=

Figure 5.2.: Simulated a) and measured b) output spectrum after the UL-SOA for all FWM modes; the simulation results
corresponds to Fig. 3.11; the measurements were done by the group of B. Sartorius from the HHI

Based on the result presented in Fig. 3.11 (simulation results of Fig. 5.3 correspond to Fig. 3.11) and
regarding the time-domain signal for the whole FWM comb from Fig. 5.2, the simulations and the mea-
surements show a spike followed by an inverted spike, both with a constant power offset. The repetition
rate is 20 GHz corresponding to the input mode spacing of 0.16 nm. As predicted in Sec. 5.1.1, no use-
able pulses can be obtained due to the phase distortion of some FWM modes. In frequency-domain the
differences between simulation and measurements can be ascribed to the slightly different input signals as
mentioned in Sec. 5.1.2. For the measurements the carrier signal of the carrier-suppressed sine-modulated
signal is not totally suppressed and therefore it is also contributing to the FWM processes. As a result,
an increased noise floor can be observed in the spectra. Moreover, the measured output signal is ampli-
fied with an EDFA and transmitted with a fibre to the OSO creating additional phase distortion due to
chromatic dispersion while the simulation shows the output signal directly after the UL-SOA resulting
in additional differences in time-domain.

When filtering the FWM modes of the linear phase regime (4 nm from the comb’s shorter wavelength
side Fig. 3.11), mainly FWM modes with a linear phase signature are used for the pulse generation
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Figure 5.3.: Simulated a) and measured b) output signal after the UL-SOA for all FWM modes; the measurements were done by
the group of B. Sartorius from the HHI
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Figure 5.4.: Simulated a) and measured b) output spectrum after the UL-SOA and the bandpass filter when only taking FWM
modes with linear phase relation; the red line shows the frequency characteristic of the bandpass filter; the measurements were
done by the group of B. Sartorius from the HHI

(Fig. 5.4). As a result, the time-domain signal has a clear and slightly nonsymmetric pulse shape and
pulses with full width half maximum (FWHM) of approximately 5 ps and a repetition rate of 20 GHz
could be obtained from simulations and measurements (Fig. 5.5).

To further shorten the generated pulses, the influence of the FWM modes from the linear phase regime
has to be improved. For the results in Fig. 5.2 and Fig. 5.4 the high power FWM modes with a nonlinear
phase signature dominated or had a non-negligible contribution to the pulse generation. For the next
approach the centre wavelength of the filter is located at the very short wavelength side of the FWM mode
comb, so the filter’s slope is used to equalise the amplitudes of the FWM modes. Regarding the spectra
in Fig. 5.6, the FWM modes from the linear phase regime became more dominant due to this filtering
technique. Hence, the main part of the optical power is now located in the linear phase regime. Regarding
the output signal in the time-domain (Fig. 5.7), pulses with only slight distortions and a FWHM of less
than 2 ps can be observed.

5.1.4. Tunability of the Pulses Source

As mentioned at the beginning of Sec. 5.1, the presented scheme should also provide a tunability of
the pulses’ repetition rate depending on the mode spacing of the input CW signals. Furthermore, the
bandwidth of the generated FWM mode comb strongly depends on the mode spacing of the input CW
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Figure 5.5.: Simulated a) and measured b) output signal after the UL-SOA and the bandpass filter when only taking FWM modes
with linear phase; the measurements were done by the group of B. Sartorius from the HHI
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Figure 5.6.: Simulated a) and measured b) output spectrum after the UL-SOA and the bandpass filter when equalising the FWM
modes with the help of the filter’s slope; the red line shows the frequency characteristic of the bandpass filter; the measurements
were done by the group of B. Sartorius from the HHI

signals. For this reason, the pulsewidth of the generated pulses also depends on the mode spacing of
the input CW signals (Fig. 5.8). The simulations show that for all filtering techniques, the pulsewidth
decreases with increasing mode spacing. Hence, with increasing repetition rate of the pulses, shorter
pulses can be obtained. Moreover, assuming that an ideal phase correction, as discussed in Sec. 5.1.1,
limits the bound for generating short pulses with this UL-SOA device, the investigation shows that the
equalising filtering technique yields nearly optimal results. Therefore, the pulse generation should be
done without an additional phase correcting device since such a device only limits the tunability and
creates unnecessary complexity for the pulse source.

Another interesting point from the investigation in Fig. 5.8 is that the generated pulsewidth is lim-
ited to about 400 fs. For the equalising filtering technique and the case with ideal phase correction, the
pulsewidth saturates for a mode spacings greater than 400 GHz due to the gain bandwidth of the UL-
SOA’s saturated section (400 fs corresponding to approximately 20 nm). Considering the tunability of
the pulses’ carrier wavelength, Fig. 3.9 showed that the FWM mode comb can be generated over a range
of 15 nm by two input CW signals that have also been varied over the same range. Hence, the generated
pulses can be tuned over the same range. However, with increasing mode spacing the tunability of the
carrier wavelength reduces because of the UL-SOA’s gain bandwidth. E.g., pulses with a mode spacing
greater than 400 GHz cannot be tuned in the centre wavelength.

Furthermore, the figure shows that around 200 GHz of mode spacing, the pulsewidth for the case with
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Figure 5.7.: Simulated a) and measured b) output signal after the UL-SOA and the bandpass filter when equalising the FWM
modes with the help of the filter’s slope; the measurements were done by the group of B. Sartorius from the HHI
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Figure 5.8.: Simulated pulsewidth of the generated pulses for different filtering techniques as a function of the input CW signals’
mode spacing

all FWM modes becomes shorter than for the case where only modes of the linear phase regime are used
for the pulse generation. The reason for this effect can be ascribed to the Bogatov-like effects decaying
with increasing mode spacing. As a result, the phase distortion cannot be carried over multiple modes.
Therefore, the distortion only affects one mode for larger modes spacings. In addition, the power of
the mode with the distorted phase is reduced by the Bogatov-like effect reducing its contribution to the
pulse generation. Hence, the few modes with linear phase on the longer wavelength side also efficiently
contribute to the pulse generation making no-filtering technique more efficient than filtering only the
modes with linear phase relation.

In order to comment on the efficiency of the generated pulses with the presented scheme here, the time-
bandwidth product can be defined as the product of the pulsewidth and the spectral width (both measured
at FWHM). Fig. 5.9 illustrates that the spectral efficiency of the generated pulses with ideal phase recovery
is optimal since the value of the time-bandwidth product corresponds to the value of sech2-pulses. For
small mode spacings the value of the time-bandwidth product for the case where the filter slope is used to
equalise the FWM modes is close to the value of sinc-pulses underlining the equalisation process because
sinc functions in time-domain corresponds to rectangular functions in frequency-domain [103].

Again, it has to be mentioned that chromatic dispersion is not considered in the simulations. In
Sec. 2.3.5, it has been estimated that up to approximately 250 GHz of mode spacing, the influence of the
input CW signals’ phase walk-off for an 8 mm-long UL-SOA is negligible. For this reason, chromatic
dispersion should not significantly influence the results in Fig. 5.8 and Fig. 5.9 for high mode spacings.
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Figure 5.9.: Simulated time-bandwidth product of the generated pulses for different filtering techniques as a function of the
input CW signals’ mode spacing

5.1.5. Possible Further Improvements

To further improve the efficiency of creating short pulses with this UL-SOA device, modulated input
signals could be used as a FWM seed, already having a linear mode comb in frequency-domain. In contrast
with HNLFs where usually modulated input signals are used and the SPM, due to the Kerr effect, causes
the pulsewidth reduction, in UL-SOAs the pulse shortening is due to dynamic gain and index gratings
creating FWM products. The most efficient FWM mode creation can be obtained from modes with equal
power 1 but for amplitude modulated signals, the carrier mode always dominates reducing the efficiency
of creating FWM modes. Furthermore, when using short pulses as FWM seed having a very broad mode
comb in frequency-domain and the time between the two pulses is in the range of the carrier lifetime, the
UL-SOA is not driven in a stable operation point and slow interband effects distort the pulse generation.
The usage of phase modulated input signals does not improve the performance either. Although phase
modulated signals have a broad spectral mode comb, they cannot create the dynamic gratings for the
FWM processes because the nonlinear effects, producing the dynamic gratings, are dependent on the
photon density (Eq. 2.14) and for phase modulated signals, the photon densities are constant.

Another possibility for improving the generation of short pulses could be device optimisation. In
Sec. 3.4 it has been presented, that the mode confinement plays an important role for the creation of
FWM mode combs. For this reason, bulk devices should have clear advantages over MQW devices. On
the other hand, MQW devices have a slightly smaller α-factor resulting in slightly less phase distortion
due to the Bogatov-like effect. Nevertheless, the phase distortion only has a minor effect on the pulse
generation due to the equalising filtering technique. Hence, bulk devices with a high mode confinement
should be the number one choice for pulse generation.

5.2. CoWDM Carrier Source

In this section the feasibility of UL-SOAs is investigated for generating a coherent carrier comb useable
as carrier source for CoWDM and CO-OFDM networks.

For the pulse generation in Sec. 5.1 the phase relation of the generated FWM mode comb has to
be linear while for a CoWDM carrier source the FWM modes’ phase relation only have to be fixed
(coherent). Since the generation of the supercontinuum is caused by cascaded FWM, the phase relation
of the generated mode comb is fixed as long as the input signals are coherent. When using two separate

1In Sec. 3.3.2 has been mentioned that FWM is caused by the dynamic part of the total photon density (Eq. 3.10). Since the
total photon density in the saturated section is always Ssat, the ratio between the dynamic part and the static part of the total
photon density has to be maximised. An photon density, optimised in terms to maximise the dynamic gratings, is obtained
if the power of both input signals is equal.
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ECLs, similar to what was done for the investigations in Fig. 3.9 the generated mode comb would only
be a WDM carrier source.

5.2.1. Generation of Coherent CW Input Signals

In Sec. 5.1.2 a method for generating two coherent CW signals with a MZM has been presented. However,
there are also other possibilities to generate two coherent CW input signals for the UL-SOA. E.g., with
the help of a self pulsating (SP) 3-section distributed feedback (DFB) laser [106] where one of the DFB
sections is driven electrically with a radio frequency (RF) sine signal (Fig. 5.10). If the frequency of

RF

Δω

DC

P

ω

ωsine

Figure 5.10.: Conceptual setup for generating two coherent modes; the RF-sine has to fulfil the condition xωsine = Δω with
x ∈� in order to obtain phase-locking of the two modes

the RF signal corresponds to the frequency detuning of the two DFB laser modes, the generated modes
are phase locked. The laser can be even driven with a sub-harmonic of the modes’ frequency detuning
similar to [107]. Due to the concept with the sub-harmonics, also coherent frequency components with a
frequency detuning corresponding to the frequency of the subharmonic are obtained at the output of the
SP-laser. Hence, the channel spacing of the carrier source is tuneable in frequency steps corresponding to
the frequency detuning of the SP-laser’s modes divided by whole-numbers.
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Figure 5.11.: Measured relative linewidth of the two modes’ beating frequency generated by the SP-laser a) and spectrum at
the UL-SOA’s output b); the SP-laser has been driven with the 3rd sub-harmonic of the modes’ detuning (modes’ detuning =
35.67 GHz and driving frequency = 11.89 GHz); the measurements were done by the group of B. Sartorius from the HHI

To demonstrate the coherence of the two generated modes, Fig. 5.11a) shows a measured relative
linewidth of 3 Hz for the beating frequency of the two modes generated by the RF-locked SP-laser. The
linewidth of 3 Hz are due to the accuracy of the measurement equipment. For this reason, the signal to
noise ratio (SNR) of the two modes’ beating frequency spectrum is typically used to define the coher-
ence of the two signals being approximately 50 dB. The laser was driven by a RF sine signal with the 3rd
sub-harmonic. Fig. 5.11b) demonstrates that compared to Fig. 3.9 even with the sub-harmonic scheme
similar mode combs at the UL-SOA’s output with a mode spacing of the sub-harmonic can be obtained.
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5.2.2. Results

In the following subsection, the quality of the generated mode comb at the UL-SOA’s output in terms of
OSNR and linewidth is investigated 2. In a communication network these two parameters specify which
modulation format can be used with the CoWDM carriers source. Moreover, the linewidth has a key
role because it qualifies the coherence of the carriers. Since the coherence of the input signals is excellent
(Sec. 5.2.1), the noise contribution of the UL-SOA is characterised in this subsection.
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Figure 5.12.: Simulated OSNR and linewidth of the generated carriers for different noise levels of the SP-laser’s input modes a);
simulated OSNR of each generated carrier after the UL-SOA for different noise levels of the SP-laser’s input modes b); the two
input modes entered the UL-SOA around 0 THz frequency offset with a channel spacing of 50 GHz

Fig. 5.12a) shows the dependence of the OSNR and the linewidth at the UL-SOA’s output on the
input signals’ noise level. With increasing input OSNR, the linewidth decreases and the output OSNR
increases. At about 40 dB input OSNR, the linewidth and the output OSNR saturate because the noise
contribution of the UL-SOA dominates the output noise behaviour while below 40 dB, the noise of the
SP-laser dominates. Since the SP-laser from Sec. 5.2.1 has an OSNR of approximately 45 dB, the main
contribution of the noise in the CoWDM carriers is generated by the UL-SOA. Furthermore, Fig. 5.12b)
shows that with increasing noise level of the input modes, the number of generated carriers decreases.
The effect can be ascribed to the deep saturation of the UL-SOA, since the overall optical power inside
the device is limited by the saturation power. With an increasing noise level, larger amount of ASE
contributes to the saturation power so less signal power contributes to the FWM generation reducing the
FWM efficiency. Moreover, the best OSNR can be achieved around the wavelengths of the input modes.

Since the presented scheme allows larger channel spacings, Fig. 5.13 presents how the OSNR and the
linewidth of the generated carriers depend on the channel spacing. A correlation between the OSNR and
the linewidth can be observed so with decreasing OSNR, the linewidth increases. As a result, the coher-
ence of the carriers reduces the farther the generated modes are away from the input modes. Moreover,
with increasing channel spacing, the linewidth decreases and the OSNR increases. Again, the increasing
OSNR can be ascribed to the limited saturation power of the UL-SOA. In this case, the total ASE power
can be assumed to be independent of the channel spacings but the overall number of generated modes is
dependent on the channel spacing since for smaller channel spacings the FWM efficiency increases. For
this reason, the cascaded FWM processes can better generate new FWM products resulting in more gener-
ated modes (12.5 GHz ≡ 49 modes, 25 GHz ≡ 40 modes, 50 GHz ≡ 33 modes and 100 GHz ≡ 28 modes).
Hence, the limited signal power splits over more generated modes for smaller channel spacings resulting
in a lower OSNR of each generated carrier.

The presented scheme shows better performance in generating CoWDM carriers with larger channel

2To obtain the linewidth from a simulated spectrum the length of the simulated signal has to be increased in order to improve
the spectral resolution. To calculate linewidths in the kilohertz-regime, the computation capacity is not sufficient. For this
reason, the linewidth of the simulated signal has been obtained from the phase noise spectrum [108].
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Figure 5.13.: Simulated OSNR a) and linewidth b) of each generated carrier after the UL-SOA for different channel spacing of
the SP-laser input modes; the two input modes entered the UL-SOA around 0 THz frequency offset with an OSNR of 60 dB

spacing. Due to the concept of driving the SP-laser with a sub-harmonic RF signal of the channel spacing,
the scheme should provide coherent carrier combs with large channel spacing without the need of high-
bandwidth components. In general, larger channel spacings offer potential cost savings due to the reduced
number of parallel channels to be transmitted. They also allow higher baud rates and thus more relaxed
requirements concerning the linewidth of coherent transmission systems. However, as mentioned in
Sec. 1.1, the trend is going to WDM systems with higher order modulation formats and baud rates of ap-
proximately 25 GBaud. Hence, only channel spacings of approximately 25 GHz are required. Moreover,
the trend of low channel spacings is supported by CO-OFDM where coherent channels with a channel
spacing of approximately 10 GHz are needed [59, 109]. In [110, 111], demands for the carrier quality for
various modulation formats have been presented which are not reached by the CoWDM carrier source,
presented here, for channel spacings of 25 GHz and below. The performance could be improved if the
UL-SOA is optimised in terms of increased saturation photon density. Low coupling losses and higher
optical input power also reduce the noise figure in the device and therefore increase the OSNR and reduce
the linewidth.
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6. Conclusion

The presented work discusses the important properties of ultralong semiconductor optical amplifiers
(UL-SOAs) and some of their possible applications in optical communication systems.

At the beginning of this thesis the mathematical framework for the optical properties of UL-SOAs is
presented. Based on this theoretical description, a simulation model is derived. The simulation model
is an extension of an semiconductor optical amplifier (SOA) model [37–39] including some important
properties of UL-SOAs.

E.g., the main part of the UL-SOA is saturated. Hence, the gain approximation has also to be exact for
carrier densities close to the net transparency. Moreover, the bandwidth of the gain model is an important
issue because the gain peak shifts due to the different carrier densities in the UL-SOA’s amplifying and
saturated section. For this reason, a gain approximation that properly represents the gain for various
carrier densities over a broad bandwidth (∼50 nm) is implemented in the simulation model.

Another important aspect of modelling UL-SOAs is its tremendous four-wave mixing (FWM) effi-
ciency. UL-SOAs create broad FWM spectra up to a width of 30 nm because of the fast intraband effects
in the saturated section. Although the FWM interactions in UL-SOAs are very complex the implemen-
tation can be simple if the simulation model is a full time-domain model. Due to the full time-domain
modelling the dynamic gain and index gratings are implemented inherently. When modelling the non-
linear gain with the help of dynamic rate equations, the bandwidth of these effects will be implemented
inherently too.

In the second part of the thesis some possible applications of UL-SOAs in optical communication
systems have been investigated with the self-developed simulation tool. One of these possible applications
is the generation of short pulses using the tremendous FWM efficiency of UL-SOAs. The concept is based
on two co-polarised phase-locked continuous wave (CW) laser sources injecting light into an UL-SOA. If
the CW laser sources are tuneable, the generated pulses at the output of the UL-SOA are also tuneable in
the repetition rate and the carrier frequency of the pulses. According to calculations, a strong dependence
of the pulsewidth on the CW signals mode spacing could be observed. With increasing mode spacing the
repetition rate of the pulses increases and also the pulsewidth shortens.

The investigations yielded that the total mode spectrum, due to complex FWM interactions, has a
nonlinear phase signature in the regime with high optical power. Therefore, no proper pulses can be
obtained at the output of the UL-SOA. When mainly filtering the FWM modes with a linear phase
signature from the combs shorter wavelength side, short pulses with full width half maximum (FWHM)
of approximately 5 ps and a pulse repetition rate of 20 GHz have been generated. Moreover, even shorter
pulses with FWHM less than 2 ps and a pulse repetition rate of 20 GHz can be obtained when the filter’s
slope is used to equalise the FWM modes making the modes from the linear phase regime more dom-
inate. For shorter repetition rates of the pulses, even pulses in the sub-picosecond regime can be obtained.

When considering the propagation of short pulses in matter, the influence of chromatic dispersion
has to be investigated. Compared to the waveguide dispersion, composite material dispersion (CMD)
dominates the chromatic dispersion in SOAs over a wavelength region of 400 nm around the band gap.
In turn, CMD itself is dominated by the material dispersion of the active region. For this reason, the
mode confinement of the active region is an important parameter for the chromatic dispersion. Since the
mode confinement is larger for a transverse electric (TE) mode than for a transverse magnetic (TM) mode,
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CMD is also worse for a TE mode. The estimated chromatic dispersion of 30 fs/mm nm around the band
gap wavelength is in contrary to most estimations found in literature because of an inverse sign and its
10-times larger value [34,88]. The dependence of a carrier density change and a lattice temperature change
on the chromatic dispersion has also been investigated. Although for both dependences the change of the
material dispersion dominates, a strong dependence on the active region’s mode confinement can be ob-
served for a carrier density change, affecting CMD.

Another possible application of UL-SOAs is high-speed all-optical wavelength conversion (AOWC)
with extinction ratio (ER) improvement. Due to the dominant fast intraband effects in the UL-SOA’s
saturated section and a co-polarised additional CW signal propagating with the data signal in the UL-SOA,
the capability for all-optical signal processing with 100 Gbit/s on-off keying (OOK) return to zero (RZ)-
50% pseudo random bit sequence (PRBS) signals has been demonstrated. With an optimised device under
proper driving conditions, bit pattern effects are negligible compared to the degradation due to amplified
spontaneous emission (ASE). The suppression of the bit pattern effects can be ascribed to the additional
CW signal operating as a holding beam.

Due to self-gain modulation (SGM) the ER of the data signal decreased after passing the UL-SOA
making it useless for further transmission. Investigations of the UL-SOA’s driving condition showed
that the data signal’s ER can be regenerated if the two input signals are co-polarised and the data signal
has a shorter wavelength than the CW signal. These two and other driving conditions have indicated,
that parametric amplification due to FWM (Bogatov-like effect) is the reason for the ER improvement.
Due to simulations, preconditions for the analytic description of the Bogatov-like effect in the UL-SOA’s
saturated section could be obtained. With the help of this analytic description and further simulations,
the mechanism of the ER improvement could be revealed: Due to the cross-gain modulated CW signal
and the dependence of the Bogatov-like effect’s intensity on this CW signal, the data signal’s levels are
amplified differently resulting in an ER improvement.

Moreover, due to the additional CW signal, AOWC is possible which can be combined with the ER im-
provement and the ability for high-speed signal processing to high-speed AOWC with ER improvement.
The AOWC can be achieved with the help of cross-gain modulation (XGM) and FWM. Numerically,
with the help of XGM as conversion mechanism, an ER improvement of 7 dB could be demonstrated
while the signal has been converted over 4 nm to a shorter wavelength. Unfortunately, this wavelength
conversion with ER improvement scheme is limited to down conversion, but when using FWM as con-
version mechanism, up conversion is also possible. In this case, however, the ER improvement efficiency
decreases and mainly compensates degrading effects.

In the proposed schemes, small fluctuations of the input power levels increase, since the ER improve-
ment is realised with a steep slope of the nonlinear transfer characteristic. For this reason, 2R-regeneration
can only be achieved if noise compression is done afterwards. Thus, at the present state the scheme should
be regarded as AOWC due to XGM without degradation because of SGM. Furthermore, when just com-
pensating this degradation with the Bogatov-like effect, the optical power of the wavelength converted
signal is higher. As a result, slight noise compression is achieved because of SGM. Another problem
with this scheme is the dependence on the signals polarisation. If a signal is transmitted over fibre its
polarisation is unknown. However, to achieve the ER improvement the data signal and the CW signal
have to be co-polarised. Typical polarisation division schemes can only be applied for the case where the
AOWC with ER improvement is due to FWM and not due to XGM.

All in all, bulk UL-SOAs have some interesting properties that have the potential for applications
in optical communication systems. Although the trend for short SOAs is towards multi-quantum well
(MQW) devices, the possible applications presented here should be more pronounced in bulk UL-SOAs
than in MQW UL-SOAs.

A major advantage of UL-SOAs is the ability for integration in combination with tuning the operation
point. Compared to other integrated solutions that are typically based on Mach-Zehnder interferometers
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(MZIs) and mode-locked lasers (MLLs), the operation point of UL-SOAs does not depend on their ge-
ometry. Of course, UL-SOAs also have disadvantages. E.g., the power consumption is high because of
the device length. Estimating the electrical power consumption with 1 W for an optimised device plus
another Watt for the cooling results in 20 pJ/bit for the 100 Gbit/s AOWC with ER improvement scheme
excluding the power consumption of the additional CW laser source. Referring to [17], the value is about
10-times larger compared to typically electrical signal processing solutions.

Nevertheless, although UL-SOAs might not be used in commercial optical communication systems,
within this work some analytic fundamentals with general benefit for the InGaAsP semiconductor com-
munity have been estimated. Moreover, some of the presented concepts might find their way into com-
mercial applications in similar devices (e.g., quantum dot-devices) which do not suffer from the disadvan-
tages of the bulk UL-SOAs.
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A. List of Acronyms

2R re-amplification, re-shaping

AOWC all-optical wavelength conversion

ASE amplified spontaneous emission

AWG arrayed waveguide grating

CMD composite material dispersion

CDP carrier density pulsation

CH carrier heating

CO-OFDM coherent optical orthogonal frequency division multiplexing

CoWDM coherent wavelength division multiplexing

CW continuous wave

DFB distributed feedback

ECL external cavity laser

EDFA erbium doped fibre amplifier

ER extinction ratio

FCA free carrier absorption

FIR finite impulse response

FWM four-wave mixing

FWHM full width half maximum

HNLF highly nonlinear fibre

MLL mode-locked laser

MQW multi-quantum well

MWM multi-wave mixing

MZI Mach-Zehnder interferometer

MZM Mach-Zehnder modulator

OOK on-off keying

OSA optical spectrum analyser

OSNR optical signal to noise ratio
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OSO optical sampling oscilloscope

OTDM optical time-division multiplexing

PRBS pseudo random bit sequence

QD quantum dot

RF radio frequency

RZ return to zero

SE spontaneous emission

SGM self-gain modulation

SHB spectral hole burning

SLA semiconductor laser amplifier

SNR signal to noise ratio

SOA semiconductor optical amplifier

SP self pulsating

SPM self-phase modulation

TE transverse electric

TM transverse magnetic

TPA two-photon absorption

TSML tuneable single mode laser

UL-SOA ultralong semiconductor optical amplifier

WDM wavelength division multiplexing

XGM cross-gain modulation

XPM cross-phase modulation
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B. UL-SOA’s Simulation Parameters

B.1. Physical Constants

Symbol Value Description
c0 299792458 m/s speed of light in vacuum
h 6.626069311 10-34 J s Planck constant (ħh = h/2π)
e 1.60217733 1019 C electron charge
m0 9.1093897 10-12 kg electron rest mass
ε0 8.854187817 10-12 F/m permittivity in vacuum
μ0 1.256637 10-6 H/m permeability in vacuum
kB 1.380658 10-23 J/K Boltzmann constant

Table B.1.: Physical constants used within this work

B.2. Material Parameters

The operating wavelength of the semiconductor depends on the band gap wavelength. With the help of
the material composition of In1-xGaxAsyP1-y, the band gap energy can be tuned [112]

Egap0 = e
�

1.35− 0.72y+ 0.12y2
�

at 300 K. (B.1)

Furthermore, fine-tuning while operation is due to the lattice temperature 1 and the carrier density
possible [67, 68]

EgapTL
= Egap0+ e

−0.4+ 0.03y

1000
ΔTL (B.2a)

Egap = EgapT + e
dEgap

dN
N 1/3 (B.2b)

with
dEgap

dN =−0.910-10 eVm.
When designing semiconductor devices it is important that the material is unstrained in order to avoid

tension inside the material 2. Since the substrate wafer is made of InP, all In1-xGaxAsyP1-y layers being
grown on this substrate should fulfil the lattice match condition

x =
0.4562y

1− 0.031y
. (B.3)

1In Eq. B.2a the band gap wavelength changes with approximately 1 nm/K being about 10-times more than the value obtained
from measurements. For this reason, the denominator of Eq. B.2a is multiplied with 10 for the investigations of this thesis.

2On the other hand the stress can be used in thin device structures like MQW-devices to change optical properties like
polarisation dependence.
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Depending on the material composition the effective mass of the carriers in the conduction and the
valence band also vary

me = m0 (0.08− 0.039y) (B.4a)
mh h = m0 {(1− y) (0.79x+ 0.45 (1− x))+ y (0.45x+ 0.4 (1− x))} (B.4b)
ml h = m0 {(1− y) (0.14x+ 0.12 (1− x))+ y (0.08x+ 0.026 (1− x))} . (B.4c)

The Fermi-levels in the conduction and the valence band can be calculated [113]

μc (N ) =
 

lnδ +δ
�
64+ 0.05524δ

�
64+
�
δ
��−1/4

!
kT + Egap (B.5a)

μv(P ) =−
"

lnε+ ε
�

64+ 0.05524ε
�
64+
�
ε
��−1/4

#
kT (B.5b)

where ρ = N
nc

and ε = P
nv

. nc and nv are the effective density of states for the conduction and valence
band respectively given by

nc = 2

�
me kTL

2πħh2

�3/2

and nv = 2

�
md h kTL

2πħh2

�3/2

(B.6)

and md h =
�

m3/2
h h
+m3/2

l h

2/3
. The semiconductor, investigated in this thesis, is an intrinsic semiconduc-

tors (N = P ).
To calculated the wavelength dependent gain (Eq. 2.8), the enrgy of the split-off band and the squared

dipole matrix element are needed [26]
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B.3. Simulation Parameters

The simulation parameters (Tab. B.2) are chosen to match with the 8 mm-long UL-SOA fabricated at the
Heinrich-Hertz-Institut (Fig. B.1) because some of the simulations presented in this thesis are verified
by experiments done with this device. The presented experiments were also performed at the Heinrich-
Hertz-Institut.

Figure B.1.: Packaged 8 mm-long UL-SOA module (left) fabricated and assembled at the Heinrich-Hertz-Institut; the 8 mm-long
UL-SOA chip is mounted on a heat sink (right) and is connected electrically from the top with wire bonds and optically from
the left and right due to fibre coupling
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Symbol Value Description
Δt 25 10-15 s sampling interval
dg
dN 3.0 10-20 m2 differential gain
Ntr 0.9 1024 m-3 material transparent carrier density
ā 0.5 linear gain fitting coefficient
ωgap 1.205 1015 1/s band gap wavelength (λgap = 1.565 10-6 m)
ω0 1.207 1015 1/s reference wavelength (λ0 = 1.560 10-6 m)
Cω 2.5 10-11 m3/s peak frequency shift coefficient
ωz0 1.168 1015 1/s begin of zero gain region (λz0 = 1.615 10-6 m)
z0 -1.935 10-12 1/s zero gain frequency shift coefficient
ωshift 1.548 1015 1/s correction of gain peak
b̄ 0.65 gain peak shift fitting coefficient
nG 3.56 group index
αi nt 2250 1/m internal loss
w 1.2 10-6 m active region width
d 0.2 10-6 m active region height
Γ 0.38 mode confinement factor
ΓTPA 1.2 TPA confinement factor
Anr 1.25 108 1/s unimolecular non-radiative recombination coefficient
Bsp 2.5 10-16 m3/s bimolecular spontaneous radiative recombination coefficient
CAuger 0.9 10-40 m6/s Auger recombination coefficient
τCH 850 10-15 s carrier heating time constant
τSHB 125 10-15 s spectral hole burning time Constant
εCH 0.6 10-23 m3 gain-suppression coefficient (CH)
εSHB 0.5 10-23 m3 gain-suppression coefficient (SHB)
εFCA 0.1 10-24 m3 gain-suppression coefficient (FCA)
εTPA 1.25 10-23 m3 gain-suppression coefficient (TPA)
βTPA 3.5 10-10 m/W TPA coefficient
αCH 3.5 linewidth enhancement factor (CH)
αSHB 0.1 linewidth enhancement factor (SHB)
αFCA 0.1 linewidth enhancement factor (FCA)
αTPA -2.25 linewidth enhancement factor (TPA)
αCDP 5 linewidth enhancement factor (CDP)
Lcoup 8 dB coupling losses
I/l 300 mA/mm current per length

Table B.2.: Default simulation parameters of the UL-SOAs; the parameters have been taken from [25, 28, 38, 47]
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C. Derivation of the Intrabands’ Rate Equations

For modelling SOAs, the semiconductor’s gain is an important parameter because the signal’s amplitude
change and even the signal’s phase change can be calculated with the help of the α-factor (Sec. 2.1.4)
from the amplitude change. The gain variation of the gain peak’s wavelength due to CDP can already be
described due to Eq. 2.13 and a rate equation (Eq. 2.12). Having similar rate equations for the gain of CH
and SHB reduces the calculation complexity of the simulation model significantly.

In quasi-equilibrium the carrier density distribution of a semiconductor’s band can be easily described
with the Fermi-Dirac distribution (Sec. 2.1). This quais-equilibrium can be distorted by stimulated emis-
sion and absorption causing SHB, CH and CDP (Sec. 2.1.2). SHB is a distortion of the carrier density
distribution from the Fermi-Dirac distribution. The change of the carrier density distribution due to
CH can be calculated with an increased temperature in the Fermi-Dirac distribution and for CDP with
a change of the carrier density in the Fermi-Dirac distribution [24, 69]. For this reason, the inner energy
U is introduced

Uc =

∞∫
0

E x h
c Dc fc dE x h

c (C.1a)

Uv =

0∫
−∞

�
D h h

v +D l h
v

�
E x h

v fv dE x h
v (C.1b)

being the first moment of the carrier distribution.
The carrier dynamics in Eqs. C.2 are given by [69, 72] with E1,β and E2,β being the energy levels for

one and two photons, respectively and ω1 is the frequency related to E1,β. The descriptions of the other
variables are given in Table B.2.
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∂ ρβ
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=−ρβ− ρ̄β

τSHB,β
− vG g S (C.2b)

The index β can be replaced by c and v representing the conduction and valence band, respectively. All
effects are dominated by the slower conduction band electrons due to their smaller mass. For this reason,
the calculations only have to be done for the conduction band.

Eq. C.3 is the linear expansion of the energy density U with respect to the carrier density N and the
carrier temperature T [114].
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According to [115] the cooling rate can be derived from Eq. C.2a and Eq. C.3 [116]:
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Usually, when modelling SOAs, the contribution of TPA to CH is negligible because in short SOAs,
TPA has a mentionable influence only for very high photon densities. At these high photon densities the
carrier temperature is significantly increased and the Fermi-distribution approach breaks down. Hence,
Eq. C.4 is no longer valid [117]. However, due to the long interaction length in UL-SOAs, TPA does
have an impact for moderate carrier temperatures. In this case, Eq. C.4 can be used.

In the style of [25] the gain dynamics in Eqs. 2.14 are derived for the wavelength at the gain peak.
Different from [25], the actual carrier density should be used in Eq. 2.14b since the carrier density in UL-
SOAs varies significantly along the propagation direction. The corresponding gain suppression factors
are given in Eqs. C.5.
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D. Calculation of the Refractive Index of InGaAsP

The refractive index of every In1-xGaxAsyP1-y composition can be calculated from the refractive indices
of the binary constituents and Vegard’s rule

XIn1-xGaxAsyP1-y
=(1− x)(1− y)XInP+ (1− x)y XInAs

+ x (1− y)XGaP+ xy XGaAs.
(D.1)

[87] states that taking (ε− 1)/(ε+ 2) as a quantity for X yields the best results. The permittivity ε used
in the calculations for GaP and InP has been taken from [118] and for GaAs from [119, 120]. Since in
literature no approximation for the permittivity of InAs could be found that is accurate around the direct
band gap energy, the refractive index of InAs has been fitted to the measured data in [87]

nInAs (E ) = 3.44− 0.065 E + 0.14 E2+ 0.038 E3+
0.00025

(E − 0.35)2+ 0.0022
(D.2)

where the photon energy E has the unit eV. The formula has been taken from [122] (Eq. (11)) and creates
a smoother shape of the refractive index around the band gap energy like in [121]. The smoothing seems
to be appropriate because the refractive index of InAs in [87] is spiky due to missing data. From the
refractive index of InAs the permittivity can be calculated with ε ≈ n2. Fig. D.1 shows the refractive
index of the binary constitutes and the calculated refractive index of In1-xGaxAsyP1-y with the method
of [87] where y = 0.88 and x = 0.41.
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Figure D.1.: Refractive indices of the four binaries InGaAsP consists of; the dashed line indicates the calculated refractive index
of In1-xGaxAsyP1-y with the method of [87] where y = 0.88 and x = 0.41; 0.1 eV correspond approximately 200 nm around the
wavelength of 1550 nm
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E. Derivation of the Simulation Model’s FIR
Coefficients

In this subsection the complex FIR filter coefficients, that are needed for the propagation equation
(Eq. 2.28), are derived.

Applying the Fourier transformation on the time-domain propagation equation (Eq. 2.28) yields the
propagation equation in the frequency domain:

E±x ,y(z ±Δz ,ω)e−iωΔt =G
�

z ± Δz

2
,ω


· E±x ,y(z ,ω)+ E±SE x ,y

�
z± Δz

2
,ω


(E.1)

For further derivation only one segment of the SOA is regarded exemplary so the spatial dependence of
the variables can be excluded in order to simplify the equations. The same calculation can be done in
each segment with the corresponding variables of the segment. The FIR filter’s gain function for the field
is written as

G(ω) = (c1+ c2 exp (i (ω−ω0)Δt )) exp (iΔφ) (E.2)

where the filter coefficient c2 is a complex value and c1 is assumed to be real. Relating the FIR filter’s gain
function (Eq. E.2) to the power, the following equation can be obtained:

|G(ω)|2 = c2
1 +Re(c2)

2+ Im(c2)
2+ 2c1Re(c2)

· cos (ΔωΔt ) + 2c1Im(c2) sin (ΔωΔt ) (E.3)

The advanced cubic material gain approximation is given in Eq. 3.7. Due to the difference frequency
concept, the cubic gain model has to be related to Δω. The advanced cubic material gain is needed in
order to calculate the power related net gain of the propagating signals:

|G(ω)|2 = exp
��
Γgcub(Δω)−αint

�
Δz

�
(E.4)

The equation for the net gain is a result of the differential equation 2.28. Equating Eq. E.4 and Eq. E.3
and expanding both sides with the help of the Taylor series around ω0, a polynomial comparison can be
done. After some calculations the FIR coefficients can be obtained:
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with a, b and d are defined as follows:
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Fig. E.1 shows the gain dispersion created by the FIR filters (Eq. E.3) compared to the reference gain
from Eq. E.4. Depending on the sampling interval, the FIR filter creates a periodicity in frequency do-
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Figure E.1.: Wavelength dependent net gain of one segment of the UL-SOA for different carrier densities; solid lines - imple-
mentation with the FIR filters, dashed lines - reference gain according to Eq. 3.7; due to the first order FIR filter the spectral gain
has a periodic shape and does not approximate well the reference gain model for |λ−λ0| > 30nm; the inset shows the spectral
gain of interest (70 nm around λ0) where the FIR very well approximate the gain model

main. For a sampling interval of 25 fs, the periodicity has a spectral repetition rate of approximately
325 nm. For modelling applications, it is important that the gain approximation is accurate in a band-
width of 30 nm around the reference wavelength. The inset of Fig. E.1 gives a detailed view on this
bandwidth and an excellent match can be observed.

The gain suppressing effects from Eqs.2.14 have also to be included to the calculations of the filter
coefficients. According to [33] also the wavelength dependence of SHB can be implemented:
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F. Derivation of the Bogatov-like Effect

In this subsection, an analytic description of the Bogatov-like effect caused by the fast intraband effects
in the UL-SOA’s saturated section is derived.

The derivation of the Bogatov-like effect will be done in the style of [123] and [124]. For simplification,
both input signals are assumed to be co-polarised CW signals (Eq. 3.10). To figure out how the two CW
signals interact, the electric polarisation caused by the resonant nonlinearities has to be calculated with the
help of χNL (Eq. 2.22). For this reason, the rate equations of the fast intraband effects (Eqs. 2.14) have to
be solved. In order to solve the differential equations, the last term of Eq. 2.14d) has to be excluded. This
assumption can be made because the gain derivatives on the right-hand side are negligeable compared to
the SHB’s derivative due to bigger time constants. The simplified rate equations for the saturated section
are:

∂ gCH

∂ t
=− gCH

τCH
− εCH

τCH
gsat S (F.1a)

∂ gFCA

∂ t
=− gFCA

τCH
− εFCA

τCH

dg

dN
N S (F.1b)

∂ gSHB

∂ t
=− gSHB

τSHB
− εSHB

τSHB
gsat S (F.1c)

with gsat =
αint
Γ (Eq. 3.9). Since the beating of the electric field is the reason for the Bogatov-like effect,

only the dynamic term of Eq. 3.10 is of interest for the calculation of the nonlinear electric polarisation

χNL = χNL,0︸ ︷︷ ︸
static

+ΔχNL(Ω)︸ ︷︷ ︸
dynamic

and PNL = PNL,0︸ ︷︷ ︸
static

+ΔPNL(Ω)︸ ︷︷ ︸
dynamic

(F.2)

Hence, the approach for solving the differential equations in Eqs. F.1 is:

ΔgSHB = g ′SHB exp (iΩt ) + c .c . (F.3a)

ΔgCH = g ′CH exp (iΩt ) + c .c . (F.3b)

ΔgFCA = g ′FCA exp (iΩt ) + c .c . (F.3c)

Inserting Eqs. F.3 and the dynamic part of Eq. 3.10 into Eqs. F.1 leads to the solutions of the rate equa-
tions for the nonlinear gain due to the photon density pulsation:

ΔgSHB =−gsat εSHB

EpumpE∗probe

��i τSHBΩ+ 1
� exp (iΩt ) + c .c . (F.4a)

ΔgCH =−gsat εCH
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��i τCHΩ+ 1
� exp (iΩt ) + c .c . (F.4b)

ΔgFCA =−
dg

dN
Nsat εFCA

EpumpE∗probe

��i τCHΩ+ 1
� exp (iΩt )+ c .c . (F.4c)

With help of these solutions and Eq. 2.21 the dynamic part of the nonlinear electric polarisation ΔPNL
from Eq. F.2 can be obtained. For the electric field in Eq. 2.21 the superposition of the two signals has
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to be taken (E = Epump exp (iωpump t ) + Eprobe exp (iωprobet ) + c .c .). When expanding the equation and
only retaining terms which are either proportional to exp (±iωpumpt ) or exp (±iωprobet ) the dynamic
electric polarisationΔPNL due to the nonlinear gain and index pulsation can be obtained:
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Since |Epump|2� |Eprobe|2, only the first term in the braces of Eq. F.5 will be further investigated. Con-
sequently only the influence of the dynamic nonlinear polarisation on the probe signal is considered.
Hence, the effective probe gain due to the nonlinear polarisation is

Δg probe=
ω

c0n
Im
�
Δχ probe

NL


=Δg probe

SHB +Δg probe
CH +Δg probe

FCA
(F.6)

where Im( ) denotes the imaginary part. Using Eq. F.6 andΔχ pump
NL as defined in Eq. F.5, yields the probe

signal’s gain coefficients in Eq. 3.14 due to the various nonlinear gain and index gratings. Similar to the
gain, the effective probe signal’s phase due to the nonlinear polarisation can be calculated

Δφprobe =
ω

c0n
Re
�
Δχ probe

NL


=Δφprobe

SHB +Δφ
probe
CH +Δφprobe

FCA
(F.7)

where Re( ) denotes the real part. As a result, the probe signal’s phase coefficients in Eq. 3.16 can be
obtained.
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G. Generation of Critical Bit Sequences

To investigate the impact of bit pattern effects on the presented scheme, critical bit sequences are used be-
cause of lower computational effort compared to true PRBSs. Fig. G.1 shows the flowchart how these crit-

Constant ”0”-Bit Sequence:
0 · · ·0︸ ︷︷ ︸

N

”1”-Bit Within a Constant ”0”-Bit Sequence:
10 · · ·0︸ ︷︷ ︸

N−1

Alternating Bit Sequence:
10 · · ·01︸ ︷︷ ︸

N−1

Constant ”0”-Bit Sequence:
0 · · ·0︸ ︷︷ ︸

N

Constant ”1”-Bit Sequence:
1 · · ·1︸ ︷︷ ︸

N

”0”-Bit Within a Constant ”1”-Bit Sequence:
01 · · ·1︸ ︷︷ ︸

N−1

Alternating Bit Sequence:
01 · · ·10︸ ︷︷ ︸

N−1

Constant ”1”-Bit Sequence:
1 · · ·1︸ ︷︷ ︸

N

Figure G.1.: Flowchart for generating a critical bit sequence of the Nth PRBS order; the generation rule can be applied for even
PRBS orders; for odd PRBS orders the alternating bit sequences have to be extended or shortened by one bit in order to avoid
bit subsequences of the same consecutive bits longer than the PRBS order

ical bit sequences are created. As an example the 4th order critical bit sequence is: 0000100010100001111
01110101111.

For the simulation in this thesis, the flowchart has run through until sequences of different PRBS
orders had a length of 263 bits.
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